LE BA BAO
TRUONG THPT DANG HUY TRU - ADMIN CLB GIAO VIEN TRE TP HUE

TOR 12

KHAO SAT HAM SO

DUONG TIEM CAN
CUA DO THI HAM SO

w. LUYEN THI THPT QUOC ¢l
». (AP NHAT TU DE THI MO NHAT

i
= =
- bl
-
LS
[



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Chii dé 3: DUONG TIEM CAN CUA PO THI HAM SO
I.LY THUYET
Cho ham s6 y= f(x) xac dinh trén mot khoang vo han (la khoang dang (a;+%), (-0;b) hoac
(—o0;4+0)).
1. Duong tiém can ding
Puong théng x=x, dugc goi la dwong tiém cdn ding (hay tiém can ding) cua d6 thi ham so

y = f(x) néu it nhdt mot trong cic diéu kién sau dugc thoa man:

lim f(x)=+% (1) lim f(x)=-x (2)
lim f(x) =+ (3) lim f(x)=-o0 (4)
Nhin xét: D6i véi ham phan thie y = ux) thi tiém can ding x =x, thi x, thuong la nghiém cta

v(x)
phuong trinh v(x)=0.
2. Puong tiém can ngang
Puong thang y =y, dwoc goi la dwong tiém can ngang ( hay tiém can ngang) ctia &6 thi ham s8
y = f(x) néu it nhdt mot trong cic diéu kién sau dugc thod man:
lim f(x)=y, (5) lim f(x)=y, (©6)

3. Puong tiém can xién
Duong thing y=ax+b, a=0, dwoc goi la dwdng tiém can xién (goi tat 1a tiém can xién) ctia d6

thi ham s6 y = f(x) néu:

lim [ f(x)=(ax+b)]=0 Hojc:  lim [ f(x)=(ax+b)]=0

Chii yj: D€ xac dinh cac hé s6 a, b trong phuwong trinh cta tiém can xién, ta cd thé ap dung cac cong
thirc sau:

azlimm; bzlim[f(x)—ax]
X—>+00 x X—>+0

Hodc: a=lim m; b=lim [f(x) - ax]
x—>-o X X——0

Nhan xét: Thong thuong khi xac dinh cdc duong tiém can ctia ham sd, ta nén tinh tit cd cdc gidi han &
trén.
MOT SO KET QUA CAN LUU Y

ax+b

Két qua 1: Do thi ham s6" y= d,(ad—bc;tO,c;tO) co tiem cin dirng x:—é; tiém can ngang
c

cx+
a by d a N\ A AT - 2 A . \ A7
y=— thi I(—Z;EJ la tam d61 xiimg cua do thi ham so.
c
2
. , b
Két qua 2: Ham s0 y = w orte .
dr +e
N ¢
Thuc hién phép chia da thirc d€ bién d6i ham s6 vé dang: y = Az + B + . (AC =0)
r+e

ca A . € A ) X
+) Tiém can ding: v = — p (nghiém cua mau)

+) Tiém can xién: y = Ax + B
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

bd —
Cong thitc nhanh tim tiém can xién:| y = %x + [ 7 ae]

Két qua 3: Khong ton tai tiép tuyén cia do thi ham s6'(H): y = o +Z qua tam doi xitng ciia (H).
cx +

Két qua 4: D5 thi ham s6' (H): y =2~ Z c6 tiém cfn ding A; tiém cin ngang A, thi v6i diém M bt
cX +

ki thudc (H) ta cé:

|ad—bc|

2

+) T:d(M;A]).d(M;AZ):M )| T=d(M;A)+d(M;A,)>2
c c

II. BAI TAP MINH HOA
Caul: Chohamsd y= f(x) cd lim f(x) =1 va lim f(x) =-1. Khang dinh nao sau day dung?

X—>o0 x>0
A. D6 thi ham s6 nhan y =1 va y =-1 la tiém can ngang.
B. D6 thi ham s6 nhan x =1 va x =-1 la tiém can ngang.
C. P06 thi ham s khong c6 tiém can.
D. D6 thi ham s6 khong c6 tiém can ngang.
Cau2: Néuhamso y=f (x) thoa man diéu kién lim f (x) =2019 thi d6 thi ham s6 c6 duong tiém can

ngang la

A. y=2019. B. x=2019. C. y=-2019. D. x=-2019.
Loi gidi:

Ta co lim f (x) =2019 nén d6 thi ham s6 c6 duong tiém can ngang la y =2019.

X—>—®©

Ciu3: Cho ham soO f(x) xac dinh trén R\{l} va ¢O lim f(x):—Z, 1imf(x)=+oo,
x—1"

X—>—®©

lim f(x) =+, lim f (x) =2. Khéang dinh nao sau day dung?

1 oo
A. Db thi ham s6 da cho ¢ dting mot tiém can ngang la duong thang y=1.
B. D6 thi ham s& da cho c6 ding hai tiém can ngang la cic duong thang y=2 va y=-2.
C. D6 thi ham s8 da cho c6 dting hai tiém can diing la cic duong thang x =2 va x =-2.
D. D6 thi ham s6 da cho khong c6 tiém can ding.

Cau4: Chohamsdy=f(x) c6 bangbién thién nhu sau:

G

¥ +
1 5

v /
2

—a0

Tong s0 tiém can ding va tiém can ngang ctua d6 thi ham sd y = f (x) la

A. 3. B. 0. C. 1. D. 2.

Loi gigi:

Do lim y=5,lim y=1,lim y = - nén d6 thi ham s& c¢ hai tiém can ngang la duong thang

X—>+0 50

y=5y=1 vamot tiém can ditng la duwong théng x=2.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
Cau5: Chohamsd y= f(x) c6 bangbién thién nhu sau:
X | —on 1 +o0

Yy - -

--"’ 2\. M\.

—o0 2

Tiém can dtng ctia d6 thi ham s8 da cho la dwong thiang cé phuong trinh

A x=2. B. y=2. C.x=1 D. y=1

Loi gidi:

Tl bang bién thién ta thdy ham sd khong xac dinh tai x =1 va lim y = +o0; lim y = —0 nén tiém

x—>1" x—1"

can dung cua do thi ham s da cho la duong th:fmg c6 phuong trinh x =1.
Cau6: Chohams6 y=f(x) c6 bang bién thién nhu hinh vé dudi day. Hoi d thi ctia ham s§ da cho

c6 bao nhiéu duong tiém can?

X —0 -1 0 1 +o0
v’ - r 0 - -
o0 4 o0
y \1 / ~ \2
A 2. B. 1. C. 3. D. 4.

Loi giai:
Tt bang bién thién ta co:
lim y=2= y =2 la dudng tiém can ngang.

X—>+00

lim y =400, limy = —0 = x =1 la duong tiém can ding.

x—1" x—1"
lim y =—0o = x=-1 la duwong tiém can ding.
x—>-1*

Vay do6 thi cia ham s6 da cho c6 3 duwong tiém can.
(lim y = +o% = khi x - —o0 d0 thi ham s6 khong c¢6 duong tiém can ngang)
Cau7: DO thi nhu hinh vé 1a cia mét trong bon ham s6 dwoc cho & cac phwong an A, B, C, D. Hoi d6

1a ham sd nao?
Ay

1] 1 X
x—1 3—x x+2 x—2
=—. B.y=——. C.y= . D.y= .
x+1 Y x—1 Y x—1 Y x—1
Loi gigi:

Dua vao hinh vé, d6 thi ham s6 nhan x=-1 la TCD, y =1 1a TCN. Kiém tra, ham s0 y = x_l
x+
thdéa man cac sui kién trén.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Trong bon ham sd dwoc liét ké & bon phuong an A, B, C, D dudi day. Ham sd nao c6 bang
bién thién sau?

x —o0 1 400
y - -
2 400
Y \
—0 2
2x+2 1-2x x—2 2x—-3
A. y= . B. y= . C.y= . D. y= .
Y x—1 Y x—1 y x—1 Y x—1
L&igidi:

Dua vao BBT, d6 thi ham s6 nhan x=1 la TCD, y =2 la TCN. Mét khac, ham s nghich bién
trén cac khoang (—oo;l) ; (1; +oo). Kiém tra, ham s8 y = % thda man cac sw kién trén.
x —

Cho ham s6 y = f(x) xac dinh trén (-=;2) va c6 bang bién thién sau:

X —00 1 2
y + 0 - H
3

5 0
Khéng dinh nao sau day ding?
A. D06 thi ham s6 khong c6 tiém can.
B. D6 thi ham s6 ¢6 cac duong tiém can dang la x=1 va x=2.
C. B0 thi ham s8 ¢ cac duong tiém canla y=5 va x=2.

D. D6 thi ham s6 c6 duy nhat duong tiém can ngang y =5.

. 1 A1 A s 1 ~ ax+b . YA

DPuong cong ¢ hinh bén 1a d6 thi cia ham s6 y = v voi
cx
a, b, c, d la cic so thuc. Khéng dinh nao dwoi day dang?
A.y'<0, vx =1 B. y' <0, Vx=2. 10 -
- >

C.y>0 Vx=1. D. y' >0, Vx#2. 2 *
Loi giai:
Do ham s8 nghich bién trén (—oo;2) va (2; +oo) nén chon dép an B.

. A A . A s 1a ~ 2x+1 .,
Puong tiém can ding ctia d6 thi ham s6 y = 1 la

x_
Ax=-1 B.x=1. C.y=1 D.y=2.
Loi gigi:
Ta c6: limy =+ nén x =1 la duwong tiém can ding cua d6 thi ham sd da cho.
x—>1"

\ A A A i1s 1a ~ 2x+1 .,

Puong tiém can ngang ctia d6 thi ham s6 y = n la
x_

A.x=-1 B.x=1. Cy=1 D.y=2.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025
Loi giai:
Ta cé: limy =2 nén y =2 la duong tiém can ngang cua d6 thi ham s6 da cho.

X—>+00

Cau13: DO thihams6 y= 4x i 11 c6 duong tiém can ngang la duong thang nao duéi day?
x_
A y=-1 B. x=-1 C.y=1 D. x=1
.y . . . y=7 L=
Loi gidi:
N1 1 A A 1

Ta thay lup Y= 1 suy ra tiem can ngang y = r

Cau14: Puong tiém can xién ctia d6 thi ham s y = f(x)=x+1+ 1y
X
A.y=0. B. y=x. C.y=x+1. D.y=x-1
Loi gidi:
lim [f(x)—(x+l)} =0
Tacd: <7 ——y=x+1 la duong tiém can xién cua d6 thi ham so da cho.
lim [f(x)—(x+1)} =0
x*+2
Cau15: Duong tiém can xién ctia d6 thi ham s6 y = f(x)= la
x
A.y=0. B. y=x. C.y=x+1. D.y=x-1
Loi gidi:
2
Ta c6: f(x)= Y22
X X

Ta co: }g&[f(x) ) x}
—x

lim [f(x) J

X—>—0

=0
——y=x la duong tiém can xién cua do6 thi ham s6 da cho.
=0

A A . \ A _3 + 1 7 7 N PN A ’ «A A A \
Caul16: DO thihamso y= il c6 cac duong tiém can ding, tiém can ngang lan luot la

x+2

A . x=-2,y=-3. B. x=-2,y=3. C.x=-2,y=1L D. x=2,y=1
Loi giai:

. —33( + 1 ’ \ & N g A A » VN .
lim 5 = -3. Do d6 duong thang y =-3 la tiém can ngang cua do thi.
X—>+0 x4

. _3x + 1 A \ < (PP A ’ > AN .

lim 5 =~ nén duong thang x =-2 la tiém can ding cta do thi.

()" X+

va hai truc

Cau17: Hinh phang duoc gidi han bdi cic duwong tiém can ctia @6 thi ham s§ y = ol N
X+

toa do c6 dién tich bang

A. 1. B. 3. C.6. D. 2.
Loi gigi:
TXD: D=R\{-1j}.
Coas CA Ao s ~ 2x-3 .,
Hai duong tiém can cua do6 thi ham so y = n la: x=-Ly=2.
X+

Hai truc toa d¢ c6 phueong trinh la: x=0;y =0.
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

2x-3
x+1
hai truc toa do la dién tich hinh chi nhat gidi han boi 4 duong x=-1,y=2;x=0;y =0. Vay
S=21=2.

va

Dién tich hinh phéng duoc gidi han bdi cac duong tiém can cua do thi ham sd y =

. “ .. e e e o X2 +2x+2 .

Goi A,B lan luot la giao diém cua tiém can xién cua do6 thi ham so y:—l VOl truc
X+

Ox,Oy. Dién tich tam gidc OAB bfing
A2 B. L. C.1. p. L.

3 2 4
Loi giai:

2
Ta co: y:wzaﬁhrL
x+1 x+1

Ta co: }iff}o[f(x)—(“l)]:o
: lim [ f(x)-(x+1)]=0

X—>—00

——y=x+1 la duong tiém can xién cua d6 thi ham so da cho.

e 1 1
Lic d6: A(-1;,0),B(0;1)—S,,,, :E|xA|.|yB| =

D6 thi ham s6 nao sau day khong cé tiém can ding?

Ay=1 B.y=*1 C.y=x. D.y= Sinx
X x-1 x—1
Loi gidi:
D06 thi ham s6 y =x* khong co tiém can dung.
D6 thi ham s6 nao sau day khong co tiém can ngang?
1 x+1 x? \/;
Ay=—. B.y=——. C.y= . D.y=——.
Y X Y x—1 ¥ x+3 Y x-1
Loi giai:
2 lim y =+o0 X2
Xét ham s0: y = . Taco: 77 = P06 thi ham s6 y = khong c6 tiém can ngang.
x+3 lim y = —c0 x+3
= Chon dap dn C.
D6 thi ham s6 nao dwéi day 6 tiém can xién?
x-1 x+1 x> +1
=—. B. y==x. C.y= . D. y= .
x+1 Y 4 x> +1 4 x
Loi giai:
x> +1
Xét ham s0: y = =x+=—.
x x
 Jlim[ f(x)-x]=0 U e
Ta co: ——y=x la duong tiém can xién ctia d6 thi ham s6 y = .
lirp[f(x)—xJzo X
D6 thi ham s6 nao sau day cd nhiéu duwong tiém can nhat?
1 x+5 x—1 x+1
Ay=—. B.y= . C.y= . D.y= .
A YT T T 4

Loi giai:
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

A . 7 \ A 1 + _1 1 7 \ A A 7 \ oA
Db thi cdc ham sb y=—;y=x 5;y= xz = ,(x#1) 61 dwong tiém can dung va 1 tiém
X x—1 x°-1 x+1
can ngang.
limy=0
s +1 | ST Cen A .
Xétham so y = xz 1 Ta co: {lim y =+ = D06 thi nhan x =2; x =-2 lam tiém can ding va
x° - x—2"
lim y = +o0
x—>-2"

y =0 lam tiém can ngang.

Cau 23: Tam d6i xténg cta d6 thi ham s6 y = 2x +11 cO toa do 1a
x R
A.(1,-2). B.(1,2). C.(-L2). D.(2;1).
Loi giai:
Ta co: lim 2x +11 =+o0 nén x =1 la duong tiém can dung ctaa do6 thi ham sd da cho.
x->1" X —
g 2x+1 A \ \ A A A e s ~ e
Ta cé: lim - 2 nén y =2 la duong tiém can ngang cua do6 thi ham s6 da cho.
X—>+0 x_
Vay tam déi xting ctia d6 thi ham s& da cho la 1(1;2).
n oA A 2. a1 o~ X =3x—4
Cau 24: Tim s0 tiém can ding ctia d6 thi ham s6 y = 7 16
x J—
A.2. B. 3. C.1. D. 0.

Loi gidi:

x—4"

limy= % ; limy = g .Suy ra x =4 khong phai la tiém can ding.
x—4"

lim y=—0. Suy ra x =—4 la tiém can duang.

x—>—4"

limy=1;limy=1.

X—>+0

Suy ra y =1 1a tiém can ngang. Vay do6 thi ham s6 c6 hai duwong tiém can.

2 f—
Cau 25: Tong sO cac duong tiém can ngang va tiém can ding ctia d6 thi ham s y = xa;;ﬁf la
x° —2x
A. 1. B. 4. C.2 D. 3.
Loi giai:
13,2 13,2
2 3 2 3
.hmx 3x+2_1 x 2 x ~0: i X 3x+2:1 O S S
x>t 3 D42 X—>+00 1- % x> x3 _Dy2 xX—>—00 1- g

=
=

Puong tiém can ngang la y=0

dimw =lim (x—Z)(x—l) =lim (x—l) 2L
x—2 x3 —2x2 x—2 x2 (x _2) x—2 x2

Nén x =2 khong phai la tiém can ding ctia d6 thi ham s6.
2 x-2)(x-1 x—1

i o322y (el

-0 x7 Dy x—2 x (X—Z) *—0 x

Nén tiém can ding ctia d6 thi ham sd la: x=0.
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Cau 26:

Cau 27:

Cau 28:

x*—=3x+2

la2
X =2x*

Vay tong s6 cac duong tiém can ngang va tiém can ding cua d6 thi ham s6 y =

tiém can.

Jx

SO duong tiém can cta d6 thi ham s6 y = n la
x —
A.0. B.1. C.2. D.3.
Loi giai:
Ta co: lim =+00 nén x =1 la duong tiém can ding ctia d6 thi ham s6 da cho.
-1 x° —

Ta co: lim — *_; lim - & khong ton tai.
x—>-1" x ]_ x—>-1 x° =1

Ta co: lim \/; =0 va lim >

X—>+0 X 1 x>0 <

khong ton tai, nén y =0 la duong tiém can ngang cta do thi

ham so da cho.

S8 duong tiém can xién ctia do6 thi ham s6 y=+x* +2024 la

A. 3. B. 0. C. 1. D. 2.
Loi gidi:

+) Xét khi x——+o0:

[ 2024
Ta cé: 1imM=1- Vx 42024 — im 2024

X—>+0 x X—>+0 X—>+00 X—>+00

2024
va li x)—x|=1i (\/x2+2024—x) lim ———— =0.

Vay y=x la mot tiém can xién cua d6 thi ham s6 da cho.

+) Xét khi x——>—o0:

2024
o f(x) L JxP 2024 L2024 _
Ta co: lim ——=~ = lim
X—>—0 x X—>—0 J’—)OO
va lim[f(x)+x]=lim(\/x2+2024 +x)=limL= :
X—>—00 xX——00 X—>—o0 [x +2024 x

Vay y=-x la mot tiém can xién cua d6 thi ham s da cho.

Vay d6 thi ham s6 da cho ¢6 hai duwong tiém can.

Vx? -4

Db thi ham sGy = 2 e o tat ca bao nhiéu duong tiém can ding va tiém can ngang?
x° —5x+

A. 1. B.3 . C.4. D.2.

Loi gigi:

2450 x<-2
- =

Diéu kién:{ ") x>2
x°=5x+6=0

x#3

Ta xét:
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x* -4 x* -4 Ny A A .
lim —————=lim —————=0. Ttr d6 suy ra tiém can ngang lay =0.
xoinx? —5x+6 > x’ —5x+6
=2
Xétx? —5x+6=0 |
X =
[ 2 [ 2
Ta co: hmzx—4:—oo 11m2x—4khong ton tai. Tir d6 suy ra duong tiém can dung
-2 x°—bx+6 -2 x°-5x+6
lax=2.
’ 2 ’ 2
Ta co: l1m2x—4_+oo hmx—4=—oo.TfI do suy ra duong tiém can ding la x=3.
x—=3" x 5x+6 x—3" x -5x+6

Vay d6 thi ham s6 ¢6 2 duong tiém can dingx =2 vax =3, tiém can ngangy =0.

2x—1-+x* +x+3

x> —5x+6
A.x=-3vax=-2. B. x=-3. C.x=3vax=2. D. x=3.
Loi gidi:
Tap xac dinh D:R\{2;3}

Cau 29: Tim tat ca cac tiém can ding cua do thi ham sd y =

N e Rt NN (2x-1) - (x* +x+3)

)
o2 X’ ~5x+6 s x —5x+6 (2x 1++x° +x+3)
(2x 1) - (x2+x+3)
=lim
e (x —5x+6)(2x—1+\/x2+x+3)

(Bx+1) 7

=1lim -

“2+(x—3)(2x—1+\/x2+x+3) 6

2x—1—-+x*+x+3 7

Tuwong tw lim 5 =-Z Suy ra duong thang x =2 khéng la tiém can ding ctia
12 x> —5x+6 6
d6 thi ham s6 da cho.
. 2x-1-Vx*+x+3 . 2x-1-vx"+x+3
lim 5 =+o0; lim > =—0
x—8" X" —5x+6 x8 x°—5x+6
Suy ra duong thang x =3 1a tiém can ding ctia @6 thi ham s& da cho.
Cau 30: S6 duong tiém can cua d6 thi ham sd y = |x|;11 la
x —

A.0. B.1. C.2. D.3.
Loi gigi:
Ta co: limy =1 va lim y =+w nén x=-1 la duong tiém can dung cta do thi ham s da cho.

x—>1" x—>-1"
Ta cod: limy=1va limy=-1 nén y=1; y=-1 la duong tiém can ngang ctia do thi ham s6 da
cho.

e DR E

Hodic c6 thé dinh gid: y=-—L=_*=1 _ ES Y

-1 2 -1 x* -1 x+1
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Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

2
Céu 31: DO thi hams6 y= sz-|_|33 o tong sO tiém can ding va tiém can ngang la
x° —2|x|—

A. 2. B. 1. C. 3. D. 4.

Loi giai:

Tacd y= x*+3 X’ +3

== = .
X —2|x| -3 (|x| +1)(|x| —3)
x> +3 .
lim y = lim m =1=1lim y nén duwong thang y =1 la tiém can ngang.
X—>+00 X—>+0 x —_ x —_ X—>—00
2 2

limy= limx—Jr3 =+, lim y= lim ¥ nén duong thang x =3,x=-3

x—3" x—3" ( x| + 1)(|X| — 3) x—>-3" x—>-3" ( x| + 1)(|x| — 3)

la tiém can ding.

\ e X H3x—1 , .
Cau 32: Goi M la diém bat ki thudc do thi ham s6 y = —2 . Tich khoang cach tir diem M dén
x —

hai tiém can ctia ham s6 da cho bﬁmg

A 72 B, 92, C. 342. p. 72,
2 2 3

Loi gidi:

TXD: D=R\{2}. Tacos y=x+5+—.
x_

Do limy=+0 nén x=2<d:x-2=0 1a tiém can ding cua do thi ham sd

x—>2"

va lim[y—(x+5)]:0 nén y=x+5<d :x-y+5=0 la tiém can xién cua d6 thi ham sd.

Goi M(xo}yo)e(c):yo :x0+5+x0 )

* Khoang cach tir M dén d bang: , =|x, —2|
* Khoang cach tir M dén d’ bang

X,—Y,+5
:| ) |— L x0—£x0+5+%J+5
X, —

B 9
2 2 2y, 2
92

9
2. = Vx,eD) .
|\/2|x0—2| 2 ("0 <b)
xX+2

Cau 33: Cho M1la diém c6 hoanh d¢ duong thudc d6 thi ham sd y = Y sao cho tdong khoang cach
x —

h

Lic d6: h,.h, =|x,

tir M dén hai duong tiém can ctia d6 thi ham s6 la nhé nhat. Toa d§ diém M 1a
A. (43). B. (0;-1). C. (1,-3). D. (3;5).
Loi gigi:

TXD: D=R\{2}.

Vi M1a diém c6 hoanh d6 duong thudc do thi ham sy = L*; nén M(a; ar ;j (v6i a>0).
X — a—

Hai duong tiém can cua d6 thihamsdla: A :x=2 va A, :y=1
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4|
Suyra: d d a-2lvad,=d -1 =
' e ) fE
Vay tong khoang cach tit M dén hai du’(‘mg tiém can la:
d=d, +d, =|a—2|+ >2 lla-2|—— =4.
-2 | o~ 2|
Ap dung bét dang thitc Cauchy ta c6 |a 2| | | >2 |a 2|| 2| =4.
\’ a—
R . . -2=2 =4
Déubéngxayrakhlz|a—2|=i<:>(a—2)2=4<:> “ = .
|a—2] a-2=-2 =
Ma a>0=a=4.Vay M(4;3).
Cau34: Chohamso y= mrl (a;beR), c6 d6 thi nhw hinh vé sau:
x_
.
o
Tinh T=a+b.
A. . T=2. B. T=0. .T=-1 D.T=3
Loi giai:
Tiém can dung;: x:§:2:>b:1. Tiém can ngang;: y=g=1:>a=b=1.
Vay T=a+b=2.
= Chon dap dan A.
Ciu 35: Cho ham so f(x) _ o+l (a, b,ce R) c6 bang bién thién nhu sau:
bx+c
T _|-oc 2 +2¢
fl(z) +
/'+QC
flz) |1 /1
—0C
Trong cacsd a,b va ¢ ¢d bao nhiéu sd duong?
A.2. B. 3. C. 1. D.0
Loi gigi:

Tiém can ding: x=2>0:>—%>0:>bc<0.

Tiém can ngang: y=1>0= %

>0=ab>0.

D6 thi ham s6 cit truc hoanh tai diém x>2>0:>—1>0:>a<0:>b<0:>c>0.

(8
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Cau 36: Duong cong & hinh bén 1a d6 thi ctia ham s§ y= 2" Z v6i a,b,c,d 1a cac s8 thyre. Khing dinh
X+

nao duwdi day dung?

A. ab>0,ad <0. B. ab<0,ad > 0. C. bd>0,ad <0. D. ab>0,ad > 0.
Loi giai:
Tiém can dang;: x:—é>0:>cd<0 )

c

Tiém can ngang: y = 250=ac>0 (2)
c

Khi x=0 thi y = <0=bd <0 (3)
T (1) va (2) suy ra: ad <0 (4)
Tw (3) va (4) suy ra: ab>0.

Cau 37: Cho ham s6 y f(x) c6bang bién thién
—oo -1 3 oo

!

y

y/\/

2018
S (x)
A. 1. B. 2. C. 3. D. 4.
Loi gidi:
Diéu kién: f(x)#0

SO tiém can dung cta d6 thi ham sd y = la

N ogeA A 7 2 AN T A 8 NN [N \ M A
S6 tiém can ding ctia d6 thi ham sd y = ) la s6 nghiém phuong trinh f(x) =0bang so
x
giao diém ctia d6 thi ham s6 y = f(x) va y =0 ttc truc hoanh. Nhin bang bién thién ta cé sd
giao diém bang 3 nén c6 3 tiém can dung.

Cau 38: Ham s6 y= f(x) xac dinh trén R\{—l;l} , €6 dao ham trén R\{—l;l} va ¢6 bang bién thién

nhu sau:
X -0 -1 0 1 +00
y' — — 0 + +
400 +00 400 0
—0 1 —©

Lép Toan thiy Lé Ba Bao TP Hué 0935.785.115



Chuyén dé KHAO SAT HAM SO Luyén thi THPT 2025

Cau 39:

Cau 40:

Cau 41:

Cau 42:

D6 thi ham s6 y = 7 ( 1) n c6 bao nhiéu tiém can (tiém can ding va tiém can ngang)?
x —
A. 2. B. 3. C. 4. D. 5.
Loi giai:
Ta cé: limy=lim o =-1; lim y = lim o =0 nén do6 thi ham sd c6 hai duong tiém

X—>+00 X—>+00 f(x)_l X—>—00 X—>—00 f(x)_]_
canngang la y=-1; y=0.
Xét phrrong trinh: f(x)-1=0< f(x)=1. Dua vao BBT, phuong trinh f(x)=1 ¢6 hai nghiém

phén biét x , x, va théa man limy =o0;limy =0 nén d6 thi ham s6 da cho cé hai duong tiém

candungla x=x,, x=x,.

Vay do6 thi ham s6 da cho c6 4 duong tiém can.

mx+1
x+1

A.R. B.R\{0}. C.R\{-1}. D.R\{1}.

Loi gidi:

D06 thi ham s6 ¢6 hai duong tiém cane m-1£0< m 1.

Tap hop tat ca cac gia tri ctia tham sd m dé d6 thi ham sd y =

co hai duong tiém can la

A M o s . ~ N A AT e s o x+1
Tap hop tat ca cac gia tri cta tham s6 m dé do thi ham s6 y =
x*+m

A.(-;0). B.(—o0;0)\{-1}. C.R\{-1}. D.R\{1}.
Loi gidi:
Ta c6: lim y =0;lim y =0= y =0 la duong tiém can ngang cua do thi ham s6 da cho.

co ba duong tiém can la

D06 thi ham s6 c6 ba duong tiém cdn<> x* + m=0 cd hai nghiém phéan biét khac -1

Q{“O e me(~0)\ {1},

1+m=0

A SN ~ R +1
Tap hop tat ca cac gia tri caa tham s6 m dé do thi ham s6 y = al

c6 duong tiém can dung

xX+m
la x=-11a
A.R. B.@. C.{1}. D.R\{1}.
Loi gidi:

D06 thi ham s6 cd titm cano m-1£0< m=1. (%)

D6 thi ham s6 6 tiém can ding la x=-1=-1+m=0< m=1 khong thoa man (*).
(n—3)x+n-2017
x+m+3

tiém can ngang va truc tung la tiém can ding. Tinh tong m+n.
A. 0. B. -3. C. 3. D. 6.
Loi gigi:

Biét rang do thi ctia ham s6 y = (m,n 1a cac s6 thwc) nhan truc hoanh lam

N . A A mA e s ~ ax+b
Theo cong thitc tim nhanh tiém can ctia d6 thi ham s6 y = y
cx +

Db thi ham s§ nhan x=-% = —m—3=0 lam TCD= m=—3
C
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Cau 43:

Cau 44:

Cau 45:

Cau 46:

D‘éthihémsé’nhényzgzn—S:O lam TCN=n=3.Vaym+n=0.
c
, SN , mx*+x+1
Tap hop tat ca cac gid tri ctia tham s6 m d€ d6 thi ham s6 y = 1 o tiém can xién la
X+
A. (0;40). B. [0;+). C. R\{0}. D. R.
Loi giai:
x 2 A . \ ~ ~ 14 - A A - A \
Ta cé: lim m =m——> D& d6 thi ham s0 da cho ¢o tiém can xién thi m = 0.
X—>+00 x
e et o A A o 2x* =3x-m .
Vdi gia tri nao cua tham s6 m thi tiém can xién cua do6 thi ham s6 y=——— di qua
X+m
diém A(3;1)?
A. m=-1. B. m=0. C. m=2. D. m=1.
Loi giai:
2
Ta co: y=2x—2m—3+w.
xX+m
lim | f(x)-(2x-2m-3)]=0 ‘
Ta co: %7 il 4y =2x-2m-3 la dwong tiém can xién caa do

lim | f(x)-(2x-2m-3)]=0

thi ham s6 da cho.
Theo gia thiét: A(3;1)ed<1=6-2m-3< m=1.

Cho ham s6 y= x-1 (m;t—l) cO do thi l1a (C) Tim m dé& do thi (C) nhan dié’ml(2;1) lam
X+m
tam doi xtng.
A.mzl. B.mz—l. C.m=2. D. m=-2.
2 2

Loi gidi:

Dé& do6 thi (C ) nhan diémI (2;1) lam tam ddi xtng thi d6 thi (C ) c6 duong tiém can dung
x=2&-m=2m=-2.

Tim s6 gia tri nguyén thudc doan [—2019 ;2019] cta tham s6 m d€ d6 thi ham so

B Jx-3
X +x—m
A. 2007. B. 2010. C. 2009. D. 2008.

Loi gidi:
vx-3
tx—-m

+) TXD: D=[3;+x)

c6 dang hai duwong tiém can.

Xét ham sOy =

1 3
. . Vx—3 N . L1 A A
+) lim y = lim — =lim =0. Do d6 PTHS ¢6 1 tiém can ngang y =0.
x>+ x>0 xS 4Ly —m x%+m1+l_ﬂ
x X

+) DE DTHS ¢6 2 duwong tiém can thi phai ¢d thém 1 tiém can ding. Vay yéu cau bai toan tro
thanh: Tim diéu kién d€ phuwong trinh x> + x —m =0 phai c6 1 nghiém 16n hon hoéc bang 3.
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Cau 47:

Trueong hop 1: Phueong trinh +x-m=0 phai c6 2 nghiém x,,x, théa man x, <3<x,.
<a.f(3)<0e=12-m<0e m>12.
Truong hop 2: Phuong trinh x* +x—m =0 c¢6 nghiém x=3 thi m=12.

x=3

V6i m =12 phuong trinh tro thanh: x* +x-12=0< { 4 (tmdk)

X =
Truong hop 3: Phuong trinh x* + x—m =0 ¢6 nghiém kép x > 3.
Khi m= _Zl thi phuong trinh c6 nghiém x = _71 (khong thoa man)
Theo dé bai m e [—2019;2019] ,m nguyén do d6 m e [12;2019].
Vay co6 (2019 -12)+1=2008 gia tri cia m.

2 —
C6 bao nhiéu gia tri tham s6 k dé tiém can xién ctia d6 thi ham sd y = kall tao vdi cac
x_
truc toa do mot tam gidc c6 dién tich béng 8?
A. V0 so. B. 0. C. 2. D. 1.
Loi giai:
TXD: D=R\{1}
2 —
Ta co: yZLk:)Cl:X-l—k-i-l-‘rL
x—1 x—1
Vi 1im[y—(x+k+1)]= lilezo (Vk#0) nén d:y=x+k+1 la tiém can xién ctia d6 thi ham
X—>+00 X—>+0 ¥ —
sO.
Goi A, B theo thit tw 1a giao diém ctia d va cac truc Ox, Oy. Khi d6 A(—k —1;0), B(O;k +1).
1 1 1 2
Taco: S, ., =—0OAO0OB==|-k-1|.|k+1|==(k+1
on 20408 =it 1] Liee
Th .9 h.,\r . 1 2 2 k = 3
eo gia thiet: S, =8<:>E(k+1) =8<:>(k+1) =l6 < ko5’

Vay cac gia tri k can tim la k=3; k=-5.

I1I. BAI TAP TU LUYEN

Cau 48:

Cau 49:

Cho ham s6 y = f(x) c6 }er}o flx)=2, }gﬂo f(x)=—o0. Khéng dinh nao sau day dung?
A. D06 thi ham s6 da cho ¢6 ding mét tiém can ngang.

B. D6 thi ham s6 da cho c6 hai tiém can ngang phan biét.

C. D6 thi ham s6 da cho cé dting mdt tiém can ngang la duong thangx=2.

D. D6 thi ham s6 da cho khong c6 tiém can ngang.

Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

x | —o0 -2 0 400
y' - + —
Y +00 /+OO 1 \
1" —o0 0
Tong s6 duong tiém can ding va tiém can ngang cua d6 thi ham s6 da cho bang
A. 2. B. 1. C.0. D. 3.
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Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cho ham s6 y = f(x) c6 bang bién thién nhw hinh vé dudi day:

£( - 2

Tong sd duong tiém can ngang va tiém can dang ctia d6 thi ham s6 da cho la

A. 1. B. 2. C.0. D. 3.

Cho ham s6 y = f(x) xac dinh trén R\ {1} , lién tuc trén moi khoang xac dinh va cé bang bién
thién nhw hinh dwéi day. Hoi d6 thi ham s6 da cho c6 bao nhiéu dwong tiém can?

& —oe 1 2 +oo

oy — — 0 -+

+oo 5
\ » /
C.3 D. 4.

A. 1. B. 2. . 3.
Cho ham sd f(x) c6 bang bién thién nhu hinh bén dwdi:

x — o -1 + o

V' + +

2 1
’ / /
1 -3

Tim s6 tiém can ctia d6 thi ham s6 da cho.
A. 0. B. 1. C. 2. D. 3.

D6 thi nhw hinh vé 1a cia mét trong bén ham s6 duoc cho & cac phwong an A, B, C, D. Hoi d6
1a ham sO nao?
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Cau54: Trong bon ham sO duoc liét ké & bon phuong an A, B, C, D dudi day. Ham sd nao c6 bang
bién thién sau?

X —0 1 +00
Y + +
+00 2
Y /
2 —00
2x+2 1-2x x-2 2x-3
A y= . B. y= . C.y= . D. y= .
Y x—1 Y x—1 ¥ x-1 x—1
Cau55: Duong tiém can ding cua do6 thi ham s y = & +; la
x_
A.x=2. B.x=1. Cy=1 D.y=2.
Cau56: Duong tiém can ngang cua d6 thi ham s6 y = L 5 la
x_
Ax=2. B.x=0. C.y=0. D.y=2.
Cau57: Duong thang y =2 la tiém can ngang ctia d6 thi ham s6 nao dudi day?
2 —2x+3 2x—2 1+x
A y=—-—. B. y= . C.y= . D. y= .
y x+1 y x—2 Y x+2 Y 1-2x
Cau58: DO thi hams6 y= 3x +21 6 cac duong tiém can ding, tiém can ngang lan luot la
x+
A x=-2,y=-3. B. x=-2,y=3. C.x=-2,y=1 D.x=2,y=1
A \ o« A A o« A ? A . \ ~ xz _2x+2 \
Cau 59: Duong tiém can xién ctia d6 thi ham s6 y = f (x) == la
x_
A. y=0. B. y=x. C.y=x+1. D.y=x-1
2
Cau 60: Duong tiém can xién cua d6 thi ham sd y = f (x) = 2x+—21c+1 la
x+
A. y=2x. B. y=x. C.y=x+1. D.y=x-1
Cau 61: Hinh phéng duoc gidi han boi cac duong tiém can ctia d6 thi ham sd y = X2 Va hai truc
toa do c6 dién tich bang
Al B. 3. C 4, D. 2.
Cau 62: DO thi ctia ham s6 nao trong cac ham s dwdi day cd tiém can diang?
2 2
A.y:ﬂ. B. y=+vx’-1. C.y= z . D.yzi.
x-1 x> +1 x+1
Cau 63: DO thi ham s6 nao dwdi day co tiém can xién?
x-1 x> +2 xt+1 ¥ +x+1
= B. = . C, = . . =
x+1 4 x> +1 Y x> +1 =Y x+1
Cau 64: Trong cac ham s6 sau, d6 thi ham s6 nao c6 nhiéu tiém can nhat?
2
A.yzw. B. y= 12 | C.y=—5 1 —.D.y=x*+x+1.
x° -1 CcoSs” X 3sin” x +cos” x
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Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

Cau 74:

Cau 75:

Tam doi xting ctia d6 thi ham s6 y = 2x +11 cO toa dd la
X+
A.(1,-2). B.(1,2). C.(-1;2). D.(2;1).
2 J—
Tim s0 tiém can dung ctia d6 thi ham sd y = %x:z )
x —
A. 2. B. 3. C. 1. D. 0.
2 —
SO duong tiém can cta d6 thi ham s6 y = jczﬂ la
x’—x"—x+1
A.0. B.1. C.2. D.3.
SO duong tiém can cta d6 thi ham s6 y = f_ll la
x p—
A.0. B.1. C.2. D.3.
S8 duong tiém can xién ctia d6 thi ham s6 y=+x* +2x+2 1a
A. 3. B. 0. C. 1. D_2_
’ _ 2
D6 thi ham s6 y = % o tat ca bao nhiéu duong tiém can ding va tiém can ngang ?
x°—3x—
A. 3. B. 0. C. 2. D. 1.
, . N . , x—1
Tim s6 duong tiém can cta do thi ham s6 y = .
8 43x+1-3x-5
A. 3. B. 2. C.1. D. 0.
S8 duong tiém can cua d6 thi ham s y = 12;|x| la
+|x
A. 2. B. 0. C.3. D. 1.

Cho ham s6 y= x_+1 c6 dd thi (C) va A la diém thudc (C). Tinh gia tri nho nhét cua tong
x —

cac khoang cach tir A dén céc duwdng tiém cén cta (C).

A. 243, B. 2. C. 3. D. 242.

—x?+4x+3

Goi M la diém bat ki thudc d6 thi ham sd y = >
x J—

. Tich khoang cach tir diéfm M dén

hai tiém can ctia ham s6 da cho bang

A. % B. # C. 32. p. V2

_-2-

Choham s§ f(x)= Zx 3 ,(beZ) ¢ bang bién thién nhw sau:
X+

T | - 1 +00

Tinh tong S=a+b+c.
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A. 2. B. 2. C. 0. D. 1.
Cau76: Chohamsd y= % ;(a,b,c,d € R) c6 bang bién thién nhu sau:
cx +
x —o -1 +o0
7 + +
f(x) ///—v o /—2
-2 -0
Khang dinh nao duéi day ding?
A. ac>0,ab>0. B. ad <0;bc>0. C.cd<0;bd>0. D. ab>0;cd >0.
Cau77: Chohamss f(x)= L_b(a,b,c €R) c6 bang bién thién nhu sau:
cx+b+1
T | —o0 2 400
f'(=) + T
+00
flz) |1 / /1
-0
Biét tap hop tat ca cac gid tri b thoa man la khoang (m;n). Tinh tong S=m+2n.
A s=2. B.§=—2. C. 5=-1. D. 5=-2.
2 2
Cau78: Chohamsd y = f(x)c6 bang bién thién nhu hinh dudi day.
) -1
X —a0 ? +a0
y - 0 +
y /
Tong s6 tiém can ngang va tiém can dung caa do thi ham sd y = W la
x —
A. 0. B. 1. C. 2 D. 3.
Cau79: Chohamsd y = f(x) xdc dinh va c6 dao ham trén R\{-1; 0}, c6 bang bién thién nhu sau:
X | —o -1 0 1 +00
y + | - I - 0 -

SN T
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Cau 80:

Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Goi m va n lan luot la s6 duong tiém can ding va tiém can ngang cua d6 thi ham s6
1 ,
g(x):—, tinh S=m+n.
f(x)-2

A. S§=3. B. S=4. C. S=6. D. S=5.
Tap hop tat ca cac gia tri ctia tham s6 m dé do thi ham s6 y=— x-1

———  ¢6 ba duong tiém
X" +2mx+m

can la

A.(—0;0)U(L;+00). B.(—oo;o)u(1;+oo)\{—%}.

c.(—oo;o)\{—%}. D.R\{—%}.

(m+1)x—5m

Tim tham s& m d€ d6 thi ham s0 y = c6 tiém can ngang la duwong thang y=1.

2x—m
Am=-1. B.m=%. C.m=2. D.m=1.
2
Tap hop cac gia tri cia m d€ d6 thi ham s6 y = o tiém can dung la
x—-m
A. R\{0}. B. {0}. C. Q. D. R.
2
Tap hop céc gia tri cua m dé d6 thi ham s6 y=— o tiém can dung la
x’ —m
A. R\{0}. B. {0}. C. @. D. R.
e s o X (kr)a=3
Vi gid tri nao cua tham s6 k thi tiém can xién ctia d6 thi ham s6 y = P di qua
x_
diém A(2;7)?
A k=-1. B. k=0. C. k=2. D. k=1.
2 —
C6 bao nhiéu gia tri m d& d6 thi ham s& y = 2””‘3 12 c6 dting hai duwong tiém can?
x* —3x+
A. 2. B. 1. C. 4. D. 3.
Tim a, b d€ d6 thi ham s8 y = ““; nhan x=1 I tiém can dtmg va y =% Ia tiém c4n ngang.
x_
A.a=-1;b=2. B.a=4; b=4. C.a=1; b=2. D.a=-1;b=-2.
Cé tat ca bao nhiéu gid tri khac nhau ctia tham s6 mdé€ d6 thi ham s6 y :Zx; c6 hai
x“+mx+4
duwong tiém can?
A. 1. B. 0. C. 2. D. 3.
HET

Hué, 16h00” Ngdy 03 thing 7 ndam 2024
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Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia
quy thiy co cung cdc em hoc sinh! Xin chin thanh cam on!

PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mét phwong dn.

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Choham s§ y = f(x) théaman limy=1va limy=2. Khang dinh nao dudi day ding?
A. D6 thi ham s6 da cho c6 hai duwong tiém ngang la x=1;x=2.

B. D06 thi ham s6 da cho c6 duy nhat mot duwong tiém ngang.

C. D06 thi ham s6 da cho c6 hai duong tiém ngang la y =1,y =2.

D. D6 thi ham s6 da cho khong c6 duong tiém ngang.

\ A A iAo a1 ~ 1.,
Puong tiém can xién ctia d6 thi ham s6 y=f (x) =x+1+-1la

x
A. y=0. B. y=x. C.y=x+1 D.y=x-1
D6 thi ham s8 = 2 +11 c6 duong tidm can diing la
x_

A y=1 B. x=1. C.x=2 D. y=2.

. - .. o A TV S U ~ X 4+2x+2 .
Goi A,B lan luot la giao diém cua tiém can xién ctia d6 thi ham so y:—l vOi truc

X+

Ox,0Oy. Dién tich tam gidc OAB bang
A2 B. 1. C. 1. D. 1.

3 2 4

Cho ham s8 y =2". Khang dinh nao duéi day dung?

A. Tt trai qua phai, d6 thi ham s6 la duwong cong di lén.

B. Db thi ham s6 di qua diém (1;0).

C. Db thi ham s8 nam bén phai truc tung,.

D. D6 thi ham s6 ¢4 1 tiém can ding.

Puong cong trong hinh vé la d6 thi ciia ham s6 nao dwéi day?
yA
)
_
! —




A.yzx_z. B.y:x+2. C.y:x+2. D.yzx_z.
x—1 x+1 x—1 x+1
Cau7. D6 thi ctia ham s8 nao dudi day nhan duong thang y =—1 lam tiém can ngang?
A.y:x_2 B.y:)H_1 . C.y=x'-x’+2. D.y=-x+3x-1.
1-x 2+x
Cau8. Chohamsd y=f (x) c6 bang bién thién nhu sau:
x |- -1 0 1 +0
3/ + + - +

+ao

| :
.Iff’fff* xxhh“%x-x ff/ff#J

Téng 6 duong tiém can ngang va tiém can dimg ctia d6 thi ham s y = f(x) 1a

A. 3. B. 2. C. 4. D. 1.
n Me ot i o o A et s A 2x+4 .,
Cau 9. Tim tat ca cac gia tri cua tham s6 m d€ do thi ham s y = o tiém can dung.
xX—m

A.m>-2. B. m=-2. C. m<-2. D. m=-2.

Cau 10. SO duong tiém can ctia d6 thi ham s6 y = Zx;l 1a
x°—=3x+2

A. 3. B. 0. C. 2. D. 1.

Cau 11. Cho ham so f(x) _ o+l , (a, b,ce ]R) c6 bang bién thién nhu sau:
bx+c
L2 =% 2 +o¢
fi(z) -+ " -+

+
foph—"

1

/

—oc
Trong cacsd a,b va ¢ cd bao nhiéu s6 duong?
A.2. B. 3. C. 1 D. 0.
Cau 12. Vi gia tri nao ctia tham s§ m thi dudng tiém cén ngang cua do thi ham s f(x) = 2L;0325
x —
di qua diém M (1;2)?
A - m=-2. B. m=4. C. m=2. D. m=-4.
PHAN II. CAu tric nghiém dang sai. Thi sinh trd loi tie cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu,
thi sinh chon diing hodc sai (dién dau X vao on chon)
Caul: Chohamsd y=f(x) thoaman lim f(x)=+oc;lim f(x)=—o0; lim f(x)=1 va lim f(x)=2.
x—>1" x—>2” xX—>+00 xX—>—0

Khang dinh Dung Sai
a) x=1la 1 tiém can ding ctia d6 thi ham s6.
b) x=21a 1 tiém can ding ctia d6 thi ham s0.
Q) y=11a1 tiém can ngang ctia d6 thi ham s0.
d) y=2 la1 tiém can ngang cta d6 thi ham s&.

Ciu2: Chohamsd y=2* ‘11.
x —_—

Khang dinh Dung Sai

a) ‘ Ham s6 khong ¢ cuc tri.




Cau 3:

Cau 4:

b) D06 thi ham s6 co tiém can ding x=1.

Q) D06 thi ham s6 c6 tiém can ngang x =2.

d) D0 thi ham s6 c6 tam ddi xtmg 1a 1 (1;2).

Cho ham s0 y =w.
x—1
Khéng dinh Dung Sai
a) D6 thi ham s6 co tiém can dung x=1.
b) D06 thi ham s6 c6 tiém can ngang y =1.
Q) D6 thi ham s6 ¢ tiém can xién y=x-1.
d) Puong tiém can xién ctia d6 thi ham sd cit céc truc toa
do tao thanh moét tam gidc c6 dién tich béng 1.
Cho ham s6 y =2x—_1.
X —4x+m
Khang dinh Dung Sai
a) D06 thi ham s6 c6 tiém can ngang la y =0.
b) Khi m =0 thi d6 thi ham s6 c6 hai tiém can dung.
Q) Khi m =3 thi &6 thi ham s0 cé ba tiém can.
d) C6 duy nhat 1 gia tri nguyén cta tham s6 m dé do thi
ham s0 c6 dang 3 duong tiém can.

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

Cau 1:

Cau 2:

Cau 3:

A Ao 2x4+1] A ATl e 1 As 2
Hai duong tiém can ctia d6 thi ham s6 y = tao vdi hai truc toa d0 mot hinh chir nhat co

x—1
dién tich bang bao nhiéu?
Két qui E—
Trinh bay:

Tim s& duong tiém can ding va tiém can ngang ctua d6 thi ham s6 y =

Két qui —
Trinh bay:

2x+4

X—m

C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc [-2025;2025] d€ d6 thi ham s8 y =

cd tiém can dirng nam beén trai truc tung?

Két qua: ]

Trinh bay:



Cau 4:

Cau 5:

Cau 6:

Cho ham s6 y=

_ . Biét v6i m=2(a,peN,2 t6i gian) thi do thi ham s§ 6
X —2mx—m—2 b b

dung 2 dwong tiém can. Tinh a +b.

Két qua: ]

Trinh bay:

Tim sO gia tri nguyén thudc doan [—2025;2025] cua tham s6 mdé d6 thi ham so

x - 4 7 . \ oA A
y =———— c06 ding hai duong tiém can.
X +x—m

Kt qui —
Trinh bay:

’ 2 - 1 /A . . \ oA N AN . \ N \ A
Cho ham s y = al co do thi (C ) Goi M (a;b) la diém thudc d6 thi ham s6 c6 hoanh do
x—

duong sao cho tdng khoang cach tir M dén hai tiém can cta (C) nho nhét. Tinh a +2b.

Két qua —
Trinh bay:
HET
Hué, 14h00’ Ngay 04 thdang 5 nim 2024
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PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Choham s§ y = f(x) théaman limy=1va limy=2. Khang dinh nao dudi day ding?
A. D6 thi ham s6 da cho c6 hai duwong tiém ngang la x=1;x=2.

B. D6 thi ham s6 da cho c6 duy nhat mot duwong tiém ngang.

C. D06 thi ham s6 da cho c6 hai duong tiém ngang la y=1,y =2.

D. D6 thi ham s6 da cho khong c6 duong tiém ngang.

Puong tiém can xién ctia d6 thi ham s§ y = f(x)=x+1 +% la

A. y=0. B. y=x. C. y=x+1. D.y=x-1

Loi gidi:
tim[(3)(+1)]0
lim | f(x)-(x+1)]=0

X——%0

Ta co: ——y=x+1 la duong tiém can xién cua d6 thi ham sd da cho.

D6 thi ham s§ y = 21

c6 duong tiém can diang la

A y=1 B. x=1. C.x=2 D. y=2.

. “« . A A e X A2x+2 .
Goi A,B lan luot la giao diém cta tiém can xién ctia d6 thi ham so yz—l vOi truc

X+

Ox,0Oy. Dién tich tam gidc OAB bang
A2 B. L C. 1. p. L

3 2 4
Loi giai:

2
Ta co: ]/:M=x+1+L
x+1 x+1

tim[[£(x)-(x+1)]=0
lim[ f(x)-(x+1)]=0

X—>—0

Ta cé ——y=x+1 la duong tiém can xién cua d6 thi ham sd da cho.
. , 1 1
Ltc d6: A(-1,0),B(0;1)—S,,,, :E|xA|.|yB| =

Cho ham s§ y =2". Khang dinh nao duéi day ding?
A. Tt trai qua phai, d6 thi ham s6 la duong cong di 1én.
B. Db thi ham s6 di qua diém (1;0).



C. D6 thi ham s6 nam bén phai truc tung.

D. D6 thi ham s6 ¢6 1 tiém can dung.

Loi giai:

Ham s6 y=2" ¢6 co s6 2 >1 nén d6 thi ham so la duong cong di 1én tur trai sang phai.
Cau 6. Duong cong trong hinh vé 1a d6 thi cua ham sd nao dudi day?

y)\
2/
_/

1 /'\

o) 1[2 X
A.y:x_z. B.y:x+2. C.y:x+2. D.yzx_z.

x—1 x+1 x—1 x+1

Lt‘figidi:

D6 thi cia ham s6 ¢6 tiém can ding la x =1 nén loai dap an B va D.

Db thi cit truc hoanh tai diém cé hoanh do x =2 nén loai dap an C.
Cau 7. Db thi ctia ham s8 nao dudi day nhan duong thang y =—1 lam tiém can ngang?
_x=2 x+l1
Cl-x S 24x
Ciu8. Chohamsd y=f (x) c6 bang bién thién nhu sau:

A. y B. y C.y=x"-x*+2. D.y=-x+3x-1.

x |- -1 0 1 +a0

! + + - +

+ao

7 :
_i/ \x B /_1

Téng 6 duong tiém can ngang va tiém can dimg ctia @6 thi ham s y = f(x) 1a

A. 3. B. 2. C. 4. D. 1.
A N A 2 7 .7 . ? ~ A? AVN . \ ~ 2x + 4 7 - A A ’
Cau 9. Tim tat ca cac gia tri ctia tham s6 m dé do thi ham s6 y = o tiém can ding?
xX—m
A.m>-2. B. m=-2. C. m<-2. D. m#-2.
Loi giai:

D€ x=m la tiém can dung cua d6 thi ham sd y =
v(x) x-m

{m—m:O {0:0
= =>m#=-2

u(x) 2x+4 . {v(m):O

=
2m+4#0 m#-—2
Cau 10. S5 duong tiém can cita db thi ham s6 y=——— Ia
x"—=3x+2
A. 3. B. 0. C. 2. D. 1.
Loi gigi:
Tacd: y= x—1 x—1 _ 1 Vx=1.

x*—3x+2 :(x—l)(x—Z) )



Cau 11.

Cau 12.

=D06 thi ham s6 da cho ¢ tiém can ding la x =2 va tiém cadn ngang la y=0.

Cho ham s f(x) _ o+l , (a, b,ce ]R) c6 bang bién thién nhu sau:
bx+c
T |—oc 2 +0oc
f(z) -+ " -+

1

+
f(x) —_— - T

—0G

Trong cacsd a,b va ¢ cd bao nhiéu s6 duong?

A.2. B. 3. C.1. D.0.
Loi gidi:

_522 c=-2b
Duwa vao BBT: = (1)
1 a=b

4
b
Mit khac, ham s6 dong bién trén tirng khoang xac dinh nén ac-b>0 (2)
0
Thay (1) vao (2) ta dwgc: -2b* -b>0 @be(—%;oj:b<0:>{a<0.
c>
Cdch giai khdc:
Tiém can ding: x:2>0:—%>0:bc<0.
Tiém can ngang;: y:1>0:>%>0:>ab>0.

A . \ ~ S \ . « A7 1
D6 thi ham s6 cat truc hoanh tai diem x>2>0=-->0=a4<0=b<0=c¢>0.
a

Vi gia tri ndo ctia tham s6 m thi dudng tiém can ngang cta d6 thi ham s§ f(x) = 2L;0325
x —

di qua diém M (1;2)?

A.m=-2. B. m=4. C. m=2. D. m=-4.

Loi gidi:

\ LAY A ? A . \ ~ ~ \ m
Puong tiém can ngang ctia d6 thi ham s6 da chola y = >

Puong tiém can ngang cua d6 thi ham s6 di qua diém M (l; 2) nén ta co % =2 m=4.

PHAN II. Cau tric nghiém dang sai. Thi sinh trd loi tie cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu,
thi sinh chon ding hodc sai (dién dau X vao on chon)

Caul:

Cho ham s6 y = f(x) thoa man )lcig}f(x):+w;1ir?f(x):—w;iiq}of(x):1 va }Lr;}of(x):z

Khang dinh Dung Sai
a) x=1la 1 tiém can ding ctia d6 thi ham s6.
b) x=21a 1 tiém can ding ctia d6 thi ham s0.
Q) y=11a1 tiém can ngang cta d6 thi ham sé.
d) y=2 la1 tiém can ngang ctua d6 thi ham s&.

Loi gigi:
‘ a) bang ‘ b) Dung | c) Dung | d) bang




Cau 2:

Cau 3:

Cau 4:

2x -1

Choham sd y =

-1
Khéng dinh Dung Sai
a) Ham s6 khong co cuec tri.
b) D0 thi ham s6 co tiém can ding x =1.
Q) D0 thi ham s6 co tiém can ngang x =2.
d) D0 thi ham s6 c6 tm ddi xtmg 1a 1 (1;2).

Loi giai:
‘ a) bung ‘ b) Bung | c) Sai ‘ d) bang ‘

a) Taco: y' = _—12 <0,Vx #1——>Ham s0 khong c6 cuc tri.
x—1

lim f x) =2
b) ¢) d) Ta c6: <7+ ——y =2 latiém can ngang ctia d6 thi ham s6.
lim f(x)=2

lim f(x) +00

x—1"

lim f(x) =—o0

x—1

Ta co: ——x =1 la tiém can diéng ctia d6 thi ham s6.
x*-2x+3

Cho ham sd y = n
X —

Khang dinh Dung Sai

a) D6 thi ham s6 c6 tiém can ding x=1.

b) D6 thi ham s6 c6 tiém can ngang y =1.

) D6 thi ham s6 ¢ tiém can xién y=x-1.

d) Puong tiém can xién ctia d6 thi ham sd cit céc truc toa
do tao thanh mot tam gidc co dién tich béng 1.

Loi gigi:
| a) bang | b) Sai | c) Dung | d) Sai

lim f (x) =+o0
b) Do {*7* nén d6 thi ham sd khong c6 tiém can ngang.

lim f(x)z—

X—>—0

c) Ta co: yzixlhgzx—l+il.
X X —
lim| f(x)-(x-1)]=0
tim[ f(x)-(x-1)]
_{AmOx A(1;0
d) Goi
ANOy =B(0;-

Vx-1
x> —dx+m

Ta co: nén A:y=x-1 1atiém can xién cua d6 thi ham sé.

OA

) 1
» . Lacdé: S, ,, :E|1||_1| ==

Cho ham sd y =

Khang dinh Dung Sai

[}
~—

D6 thi ham s6 6 tiém can ngang la y =0.

=

Khi m =0 thi d6 thi ham s6 c6 hai tiém can ding.

Khi m =3 thi d6 thi ham s6 c6 ba tiém can.

@)
~

2

Cé duy nhdt 1 gid tri nguyén ctia tham s6 m d€ do thi




‘ ‘ ham s0 c6 dang 3 duong tiém can. ‘ ‘ ‘

Loi giai:
‘ a) bung ‘ b) Sai | ¢) bung ‘ d) bang ‘
a) Do lim f (x) =0 va lim f (x) khong ton tai nén do6 thi ham s6 co tiém can ngang la y =0.

Jx-1

b) Véi m=0:y = —— D06 thi ham s6 ¢é duy nhat mot tiém can ding x = 4.

x> —4x
Do li ; L khéng ton tai va li = +00,
o lim f(x) lim f(x) khong ton tai va lim f(x)=+0
Q) Véi m=3:y=— x—1 »D0 thi ham s 6 hai tiém can diing x=1;x =3.
x°—4x+3
Do lim f(x)=—0 va Lim f(x)=+o.

x—1* x—>3"

d) Vi moi m, d6 thi ham s6 ludn ¢ tiém can ngang y =0.
Ham s6 ¢6 2 duong tiém can ding < x* —4x+m =0 cb dung 2 nghiém phéan biét x> 1.
Tacd: x> —4dx+m=0<m=—x> +4x=u(x),x21.

BBT:
X 1 2 +00
u' + —
4
u |3 / T o

meZ,

Dua vao BBT, yéu cau bai toan< m e [3;4)—>m =3.

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

tao voi hai truc toa do0 mot hinh chir nhat cé

Cau 1: Hai duong tiém can cua do6 thi ham sd y = "
x —

dién tich bang bao nhiéu?

Két qua:

Trinh bay:

Loi giai:

Taco:

lim y=2; lim y=2 = d6 thi ham s6 c¢6 duwong tiém can ngang la y=2.

X—>+00 X—>—0

lim y =—o0; lim y = +00 = d6 thi ham s6 ¢6 dwong tiém can ding la x=1.

x—-1" x—1"

Hai duong tiém can tao voi hai truc toa do mot hinh chir nhat cé kich thudc lan luotla 1 va
2

Vay dién tich hinh cht nhatla S=2.
Nx+3-2x

x* -1

Két qua:

Cau 2: Tim sd duong tiém can ding va tiém can ngang ctia d6 thi ham sd y =



Trinh bay:
Loi gidi:
Tap x4c dinh: D =[-3;+00)\{£1}

Nx+3-2x

Ta cod: lim 5 =0 nén d6 thi ham sd c6 tiém can ngang y =0

X—>+00 x =1
- x+3-2x x+3-4x° _ (—4x-3)(x-1)
lim —————=1Iim = lim
=t xt -1 ol (x—l)(x+1)(\/x+3 +2x) ol (x—l)(x+1)(\/x+3+2x)
i YT

ol (x+l)(\/m+2x) 8
. ANx+3-2x -7
im——————=

|

x—1” x =1 8

.oAx+3-2x . (—4x-3)
m XA

Ii im

o xt—1 A (x+1)(\/x+3 +2x)
Nén d6 thi ham s6 ¢4 1 tiém can dang x =—1.
Vay do6 thi ham s6 da cho ¢6 2 duong tiém can.

2x+4

X—m

Cau 3: Co6 bao nhiéu gia tri nguyén ctia tham s6 m thudc [—2025;2025] dé do thi ham sd y =

c6 tiém can ding ndm bén tréi truc tung?

Két qui ]
Trinh bay:

Loi giai:

D06 thi ham s6 da cho cd tiém can < 2m—4# 0 < m # 2.

o 2x+4
D6 thi hams6 y = al
xX—m

cd tiém can dung la dwong thang x =m nam bén trai truc tung
& m<0.

me[—2025;2025]
Taco: \meZ :>me{—2025;—2020;...—3;—1}.
m<0,m=-2

Vay co 2024 gia tri nguyén cua m thod man yéu cau.



Cau 4:

Cau 5:

x=2
x*=2mx—m—2
dung 2 dwong tiém can. Tinh a +b.
Két qua:

Trinh bay:

Cho ham s6 y=

. Biét v6i m= %(a,b c N,% t8i gian) thi do thi ham s& c6

Loi gidi:
Tacé: lim — X2

it X7 —2mx—m—2
D06 thi ham s6 c6 dung 2 duong tiém can khi va chi khi d6 thi ham s6 ¢6 dung 1 duwong tiém
can ding < x* —2mx—m—2=0(1) c6 nghiém kép hodc cé hai nghiém phén biét trong d6 co

=0= y =01a duong tiém can ngang cua do thi ham so.

mot nghiém béang 2.
A=0 4m’ +4m+8=0 -
) 2
= |A>0 <| |4m" +4m+8>0 = 2<:>m=§-
m=—
f(2)=0 2> —2m2-m-2=0 5
Vay a=2,b=5=a+b=7.

Tim sd gia tri nguyén thudc doan [—2025;2025] cia tham s6 mdé€ d6 thi ham so
x-=3 . . 4s A A
y =———— c06 ding hai duong tiém can.
X +x—m
Két qua: 2014

Trinh bay:

Loi giai:
x=>3

2

Ham s0 xac dinh <
X +x-m=#0

Taco lim y=0= y =0 la tiém can ngang

Suy ra, d6 thi ham s8 da cho c6 ding 2 tiém can < x> +x-m=0 (1) c6 dung 1 nghiém lén
hon hodc bang 3. (2)

Xét(1) < x> +x=m

h(x):x2 +x; h'(x):2x+1; h'(x)=0c>x=—%

Bang bién thién:



Cau 6:

x -4
-0 - 2
0

By -

+ 0

4

4
T BBT, suy ra (2) <> m >12
MameZ;me [—2025;2025] nén me {12; ...... ;2025}
Vay s0 gia tri nguyén thoa ycbt la: 2025-12+1=2014.

, 2x—
Cho ham s6 y = al
x_

fix) \ - /1:2 /

1 A . . N .« A? A A . \ A~ 14 \ A
" c6 do thi (C ) Goi M (a;b) la diem thudc d6 thi ham s6 c6 hoanh do

duong sao cho tong khoang cach tir M dén hai tiém can cta (C) nho nhét. Tinh a +2b.

Két qua:
Trinh bay:

Loi giai:
2x—1

xX—

Ham s y =
Khi do:
+) Khoang cach tit M (a;b) dén tiém can ngang la: |b—2| =

(C);
+) Khoang cach tit M (a;b) dén tiém can dimg la: [a—1|.

Ta ¢6 |a—1|+L22 |a—1|.L =2.
|a—1| |a—1|

Vay tong khoang cach nho nhat la 2 khi chi khi
a=0(I)
a=2

la—1]= <:>(a—1)2=1<:>a2—2a=0<:>{

ja—1]

Suy ra b:ﬂ:3:>a+2b=8.

HET

2a-1
a—1

Hué, 14h00’ Ngdy 04 thing 5 ndam 2024

_2‘

o
a1

¢ duodng tiém can ngang y =2 va duong tiém can ding x=1.

(do M thudc
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Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y ciia
quy thiy co cung cdc em hoc sinh! Xin chin thanh cam on!
PHAN I. Cau trac nghiém véi nhiéu phuwong an lwa chon. Thi sinh trd 1i ti cdu 1 dén cdu 12. Mbi ciu
hoi, thi sinh chi chon mét phwong dn.
Caul. Chohamsd y=f(x) thoaman limy=2 va lim y =+w. Khang dinh nao dudi day ding?
A. D6 thi ham s6 y = f(x) khong c6 duwong tiém cén ngang.
B. D6 thi ham s6 y = f(x) c6 hai dudng tiém can ngang.
C. Db thi ham s§ y = f(x) c6 duy nhat mét duong tiém can ngang la x =2.
D. D6 thi ham s8 y = f(x) ¢6 duy nhat mot duwong tiém can ngang la y =2.

Cau 2. DPuong thang x=1 la tiém can ding ctia &6 thi ham s6 nao dudi day?

1 x—1 1 1
A . y= . B. y=—o. C.y=—. D.y=—-.
7 x*+1 7 x+1 7 x+1 4 x—1
Cau 3. Duong tiém can ngang ctua d6 thi ham sd y=2x +11 la
X+
A x=-1. B. x=2. C.y=-1L D. y=2.
2
Cau 4. Duong tiém can xién ctia d6 thi ham s6 yzixfz la
x_
A.y=0. B. y=x. C.y=x+1 D.y=x-1
A S T , P s Ld ~ 2x+2m—-1 . o .
Cau 5. Gidtri m dé tiém can ding cta do thi ham s6 y = —— di qua diém M (3;1) la
xX+m
A . m=-3. B. m=-1. C. m=2. D. m=3.

Cau 6. Tam d6i xténg cta d6 thi ham s6 y = Sx+1

co toa do la

A. (-1;3). B. (-1;1). C. (31). D. (1;3).
Cau7. Chohamsd y=log, x.Khang dinh nao dudi day sai?

A. D6 thi ham s nhan truc Oy lam tiém can duing.

B. D0 thi ham s6 luon di qua diém M (1;0).

C. Ham s3 dong bién trén khoang (6;+x).

D. D6 thi ham s6 nhan truc Ox lam tiém can ngang.
Cau 8. D06 thi ham s6 nao dudi day khong co tiém can xién?



x-1 X7 +3x+1 x*+1 x*+1

A. e B.y=—— . C.y= .
Y x+1 Y x+4 Y x+2 X

Cau9. Chohamsd y=f(x) c6bangbién thién nhu hinh vé dudi day:

X —o0 -2 0 4o

¥ *

+2 (1

Hoi d6 thi cia ham s6 da cho ¢d bao nhiéu duong tiém can?
A. 1. B. 3. C. 2. D. 4.
Cau 10. Ham sd nao trong bon ham sd duwdi day c6 bang bién thién nhu sau?

X | —oo 2 400
v _ _
y 2 \ +DC \
2x-3 +4 2x+3 2x-=17
A y= al . B.y:x . C.y= al . D. y= al .
x+2 x=2 x-=2 x-2
Cau 11. Tdng s6 duong tiém cén ding va tiém can ngang ctia d6 thi ham s6 f(x)= | |x ! la
x [—
A. 1. B. 2. C. 3. D. 4.
Cau12. Chohamsé f(x)= o _bs (a,b e R) c6 bang bién thién nhu sau:
X+
1 —00 2 +oc
f'(@) + +
+00 / 1
f(x) / P
1 —00

Biéu thitc a’ +b* c6 gia tri bang

A. 8. B. 2. C. 3. D. 5.
PHAN II. Cau tric nghiém dang sai. Thi sinh trd loi tie cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu,
thi sinh chon ding hodc sai (dién dau X vao on chon)
Caul: Cacménh dé dudi day dung hay sai?
Khang dinh Dung Sai

SN ~ 1 4 A A
D6 thi ham s6 y = 1 co 1 tiém can.
x —_

S ~ +1 5. A
D6 thi ham so yzx—l €0 2 tiém can.
x_

cO 2 tiém can.

D6 thi ham s6 y = x2+1

x —
d 2_
) D6 thi ham s6 yzx

cO 2 tiém can.




Cau 2:

Cau 3:

Cau 4:

N ax+3 . < s VA
Chohamso y= voi a,b e R va co bang bién thién nhu sau:

x+b
x —® 2 +x®
:l" — —
v -1 +®
\ C» \ .
Khéng dinh Dung Sai
a) Ham s6 nghich bién trén (2; +oo).
Py | magy=100)
Q) D06 thi ham s6 ¢ hai tiém can.
d) a+b=-3.
Cho ham sd y = f_l :
x’ —m
Khang dinh Dung Sai
a) V6i moi m, d6 thi ham s6 ludn ¢6 tiém can ngang,
b) m=1 thi d6 thi ham s6 khong c6 tiém can ding.
Q) m =1 thi d6 thi ham so co 3 tiém can.
d) Dbé khoang cach gitta hai duong tiém can ding cua d6
thi ham s6 1a 4 thi m =4.
' 2
Cho ham s0 y :24;3(.
X —-2x+m
Khang dinh Dung Sai
a) D06 thi ham s6 c6 tiém can ngang la y =0.
b) Khi m =0 thi d6 thi ham s0 c6 2 tiém can dung.
Q) Khi m =-3 thi d6 thi ham s6 c6 1 tiém can dung.
d) Cé 1 gia tri nguyén cua tham s6 m d€ d6 thi ham so
co dang 2 tiém can dung.

PHAN III. Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tie cdu 1 dénn cdu 6.

Cau 1:

Cau 2:

x-3

Cho ham s6 y = c6 d6 thi (C ) Tiép tuyén cua do thi (C ) tai diém A(l;—l) cat duong

x+1
tiém can ding va tiém can ngang ctia (C ) Ian Iwot tai M va N. Tinh d6 dai doan MN.
Két qua: ]
Trinh bay:

A . \ A7 - 2 , PN \ [N A
D6 thi ham s6 y = ——————— 6 bao nhiéu duwong tiém can?

Két qua: ]

Trinh bay:



Cau 4:

Cau 5:

Cau 6:

Cho ham s6 y = ix cO do thi (C ) Cé bao nhiéu diém M thudc (C ) sao cho khoang cach
x —

tie diéfm M dén duong tiém can ngang b;;“mg 10 Tan khoang cach tir diém M dén duong tiém

can dung cua (C)?

Kt quis -
Trinh bay:

, 6x—4 e . <. o N A A .
Chohamso y = 3x 1 c6 d0 thi (C ) va [ la giao diém cta hai dwong tiém can caa (C ) . Goi
X+

M 1a giao diém ctia (C) va truc tung. Tiép tuyén cta (C) tai M cdt cic dudong tiém can cta

(C) tai hai diém 4 va B. Tinh dién tich tam gidc I4B .

Két qua: ]

Trinh bay:

Mot bé chira 5 000 lit nudc tinh khiét. Nguoi ta bom vao bé d6 nudc mudi c6 ndong dd 30 gam
mudi cho mdi lit nudc véi tdc d6 25 lit/phat. Goi f (t) la ham s& biéu dién nong d6 mudi
trong bé sau t phut (tinh bang i s6 ctia khdi leong mudi trong bé va thé tich nudc trong bé,
don vi: gam/lit). Biét tiém can ngang ctia ham s8 £(t) la duong thang y=m. Tim m.

Két qua: ]
Trinh bay:

Cho ham s0 f(x) lién tuc trén R va lim f(x):l; lim f(x)=+00. Co6 bao nhiéu gia tri

\Jx? +1000x + x

nguyén ctia tham s6 m thudc |-2020;2020| d&€ d6 thi ham s6 g(x)=
guy [ ] (x) \/Zf(x)—fz(x)—km

co

tiém can ngang nam dudi duong thang y =-1 .



Két qua: ]
Trinh bay:
HET
Hué, 14h00’ Ngdy 04 thing 5 ndm 2024
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PHAN 1. Cau tric nghiém véi nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12. Mbi cdu
hoi, thi sinh chi chon mot phwong dn.
Caul. Chohamsg y=f(x) thoaman limy=2 va lim y = +o0. Khang dinh nao dudi day ding?

A. D06 thi ham s6 y = f(x) khong c6 duwong tiém cén ngang.

B. D6 thi ham s6 y = f(x) c6 hai dudng tiém can ngang.

C. Db thi ham s§ y = f(x) c6 duy nhat mét duong tiém can ngang la x =2.
D. D6 thi ham s y = f(x) ¢6 duy nhat mt duwong tiém can ngang la y =2.

Cau 2. DPuong thang x =1 la tiém can diing ctia d6 thj ham s6 nao dudi day?

1 x—1 1 1
A y= . B. y=—r-.. C.y=—m. D.y=—-.
4 x*+1 4 x+1 4 x+1 Y x—1
Cau 3. Duong tiém can ngang cta d6 thi ham sd y = 2x +11 la
x+
A x=-1. B. x=2. C.y=-1 D. y=2.
Cau4. Duong tiém can xién ctia d6 thi ham s6 y = f(x ( ) LxleZ la
x
A.y=0. B. y=x. C.y=x+1 D.y=x-1
Loi giai:
. x* —2x+2 1
Ta co: == = o1+ —.
f(x) x—-1 g x—-1
lim [ f(x)-(x~1)]=0
Ta c6: {7 ——y=x-11a duong tiém can xién cua do6 thi ham s6 da cho.
lim [ f(x)-(x-1)]=0
Caub5. Giadtri m d€tiém can ding cua d6 thi ham s6 y = 2x+2m-1 di qua diém M (3;1) la
X+m
A m=-3. B. m=-1. C. m=2. D. m=3.
Loi gigi:
Tiém can diéng cua d6 thi ham s6 di qua diém M (3;1) nén do6 thi ham c6 tiém can dang la
x=3.
Suy ra x+m =0 cdnghiémla 3 dovay 3+m=0<m=-3.
s g 2x-17 < . 2x-=T7
Thtt lai, véi m=-3=y= co lim y =lim =—00 va lim y=lim =+400.
xX— x—3" x=3t x =3 x—3" x=3 x—3

Vay m=-3.



" A ~e A 1os 1o " +1 A1
Cau 6. Tam doi xttng ctia d6 thi ham s6 y = 3x co toa do la

x-1
A. (-1;3). B. (-1;1). C. (31). D. (1;3).
Loi giai:
ST . 3x+1 1 . 3x+1 A \ 2 S prA A a1
Ta co limy =lim =+ va limy=1lim [ =—©nén duong thang x=1 la tiém can dung
x—>1" -1 X — x—1" x> X —
ctia d6 thi ham so.
3x+1

Lai cod lim y=lim =3 nén duong théng y =3 la tiém can ngang cua d6 thi ham sé.

X—>to0 e |

Giao diém cta hai duong tiém can la tam d6i xting ctia d6 thi. Do d6 I (1;3) .
Cau7. Chohamsd y=log, x . Khang dinh nao dudi day sai?

A. D6 thi ham s nhan truc Oy lam tiém can dung.

B. D06 thi ham s0 luoén di qua diém M (1;0).

C. Ham s6 dong bién trén khoang (6;+).

D. D06 thi ham sd nhéan truc Ox lam tiém can ngang.

Loi giai:

Ham s6 y =log, x.

TXD: D =(0;+x).

Yy = >0,Vx € (0;+%). Loai dap an A.

xln6
Ham s8 dong bién trén khoang (0;+%) nén dong bién trén khoang (6;+). Loai dép an C.
Db thi ham s6 ludn cit truc hoanh tai diém (1; 0)—> D sai.

Cau 8. DO thi ham s6 nao duwdi day khong c6 tiém can xién?

2 2 2
iyzi—i. B.yz%. C.yzfcjzl. D.yzxx+1.
Loi gidi:
D6 thi ham s6 y = i—: chi c6 tiém can dang va tiém can ngang.
Cau9. Chohamsd y=f(x) c6bangbién thién nhw hinh vé dudi day:
X —a0 -2 0 +C

Y *

+2 (1

y ~ / T~ O

Hoi d6 thi cia ham s8 da cho ¢ bao nhiéu duong tiém can?

A. 1. B. 3. C.2. D. 4.
Loi gidi:

Dua vao bang bién thién ta c6 :

lim f(x)=-o, suy ra dwong thang x = -2 1a tiém can dting cua d6 thi ham s8.

x—>-2"

lim f(x) =+, suy ra duong thang x =0 1a tiém can dimng ctia d6 thi ham s6.

x—0"



lim /(x)=0, suy ra dwong thang » = 0 1a tiém can ngang ctia d6 thi ham sd.

X—>+0
Vay d6 thi ham s6 ¢6 3 duong tiém can.
Cau 10. Ham s6 nao trong bdn ham s6 dudi day c6 bang bién thién nhw sau?

X | —o 2 +o0
V' _ _
¥ 2 \ +o0 \
2x—-3 +4 2x+3 2x -7
A y="2"2 B. y=2"7 C.y="2"° D.y="2""1
x+2 x=2 x—=2 x=2
Loi gidi:
Tl bang bién thién, suy ra tiém can dung x = 2, tiém can ngang y =2 nén loai A, B.
/ ! 7 2 - 7 4 ’ .
Ttr bang bién thién, suy ra y' <0, Vx # 2. Xét y = al 0y = ;2 >0 (loai).
X — X —
Cau 11. Tong s6 duong tiém cén ding va tiém can ngang ctia d6 thi ham s6 f(x)= | |x ! la
x [—
A. 1. B. 2. C. 3. D. 4.
Loi gidi:
Khi x>0,x1 S
i x>0,x=#1= f(x) —

= d0 thi ham s8 ¢6 1 tiém can ngang y=1 va 1 tiém can ding x=1.

X

Khi x<0:>f(x):

—x—1
= d0 thi ham sd ¢6 1 tiém can ngang y=-1 va 1 tiém can ding x=-1.
Vay do6 thi ham s6 6 tat ca 4 duong tiém can.

Cau 12. Cho ham s6 f(x) _ &>
x+

(a,b € R) c6 bang bién thién nhu sau:

Biéu thirc a’ +b* c6 gia tri bang

A. 8. B. 2. C. 3. D. 5.

Loi gigi:

Tl bang bién thién, suy ra duong tiém can ding la: x =2 va duong tién can ngang la: y =1.
ax—>5

Thhamsd f(x)= (a,b eR) suy ra do thi ham s c6 ra duwong tiém can ding la: x =—b

x+b
va duong tién can ngang la: y=a.

-b=2 b=-2 .
= =a +b" =5.

a=1

Do d9, ta co: {
a=1



PHAN II. CAu tric nghiém dtng sai. Thi sinh trd 10i tir cdu 1 déh cdu 4. Trong mbi  a), b), c), d) & mbi cau,
thi sinh chon ding hodc sai (dién ddu X vao 6n chon)
Caul: Cac ménh dé dudi day dung hay sai?

Khéng dinh Dung Sai
a) D6 thi ham s6 y = Ll cO 1 tiém can.
x —_
b) D6 thi ham s6 y = x+1 cO 2 tiém can.
x-1
) D6 thi ham s6 y = x2+ 1 cO 2 tiém can.
x —
d A . \ A 2 - ’ «A A
) D6 thi ham s6 y = x -1 ¢6 2 tiém can.
Loi giai:
‘ a) Sai ‘ b) Bung | c) bung ‘ d) buang
a) Do thi ham s6 yzi1 €62 tiémcanla x=1y=0.
x —
SN ~ x+1 , 5.4 A Ts
b) D6 thiham s6 y=—— c62tiémcanla x=1,y=1.
x-1
SN ~ x+1 1 PPN A Ts
c) b6 thi ham s y = =——,Vx#-1, c62tiémcanla x=-1,y=0.
x> -1 x+1
2 _
d) D6 thi ham s6 yzx 1 c62tiémcanla x=0;y=x.
. . ax+3 . C s VA
Cau2: Chohamso y= p voi a,b e R va co bang bién thién nhu sau:
X+
x —® 2 +®
:l'f p— —
y -1 +
\ Y \ B
Khang dinh Dung Sai
a) Ham s6 nghich bién trén (2; +oo).
b -
)| maxy=F(10)
Q) D06 thi ham s0 c6 hai tiém can.
d) a+b=-3.
Loi gidgi:
‘ a) bung ‘ b) Sai | ¢) buang | d) Bung ‘

a) Ham s6 nghich bién trén (—oo;2) va (2; +oo).

b) Do ham s& nghich bién trén [4;10] nén max y = f(4).

xe[4;10]
¢) d) Dwa vao BBT, d6 thi ham s6 da cho cé:
+) Tiem can ding x=-b=2=5b=-2.
+) Tiém can ngang y=a=-1
Suyra a+b=-3.



x—1

X —m

Cau3: Chohamsd y=

Khéng dinh Dung Sai
a) V6i moi m, d6 thi ham s6 ludn c6 tiém can ngang,
b) m=1 thi d6 thi ham s6 khong c6 tiém can ding.
Q) m =1 thi d6 thi ham sd ¢ 3 tiém can.
d) Dbé khoang cach gitta hai duong tiém can ding cua do
thi ham s6 1a 4 thi m =4.

Loi gidi:

‘ a) bung ‘ b) Sai | ¢) Sai ‘ d) bang ‘
a) Ta co: }quof(x) = }Lrgof(x) =0——>y =0 la tiém can ngang ctia d6 thi ham s6.
b) Véi m=1:y = x-1 :L,Vx;t—l.

-1 x+1
—— D06 thi ham s6 ¢6 1 tiém can ding x =-1.
e qn m>0
¢) D6 thi ham s8 ¢6 3 tiém can < x*> —m =0 cd hai nghiém phan biét khac 1<:>{ x
m#

NA . \ ~ 7 - A A 7 14 . - A A - A 14 O
d) Db thi ham s6 ¢6 2 tiém can ding < x* —m =0 ¢6 hai nghiém phéan biét khac 1 < {m g X
m#

Liic d6, 2 tiém can ding 1a: x =~/m va x=—/m.
Khoang cach gitta hai tiém can diing bang: 2m.
Theo gia thiét: 2vm =4 < m=4.

N

Cau4: Chohamsd y=

X -2x+m
Khang dinh Dung Sai
a) D06 thi ham s6 c6 tiém can ngang la y =0.
b) Khi m =0 thi d6 thi ham s6 c6 2 tiém can dung.
Q) Khi m =-3 thi d6 thi ham s6 c6 1 tiém can dung.
d) Cé 1 gia tri nguyén cua tham s m d€ d6 thi ham so
cO dang 2 tiém can dung.
Loi gidi:
‘ a) Sai ‘ b) Bung | c) bang | d) Bung
a) Do lim f(x) va lim f(x) khong ton tai nén d6 thi ham s6 khong c6 tiém can ngang.

X—>+o0 X—>—0

V4 —x?

x* —2x
Do lim f(x):—oo va )1(131 f(x):—oo.

x—0"
N

b) Véi m=0:y= —— D06 thi ham s6 ¢6 hai tiém can ding x=0; x=2.

c) Véi m=-3:y= >D0 thi ham s6 ¢6 1 tiém can ding x =-1.

x*-2x-3
Do xlir_I}_ f(x) = 40,
d) Ham s& c6 2 duong tiém can dung< x*-2x+m=0 cd ding 2 nghiém phéan biét
xXe [—2,' 2].

Tacd: x> —2x+m=0<m=—x* +2x=u(x),x e[—2;2].



BBT:

x| 2 1 2
u' + 0 -
1
’ / \
-8 0

meZ.

Dua vao BBT, yéu cau bai todan< me [0;1)4”11 =0.

PHAN III. Cau tric nghiém tra 16i ngan. Thi sinh trd 10i tie cdu 1 dén ciu 6.

Cau 1:

Cau 2:

Cau 3:

’ - 3 , A . « A7 A S A . . o« A2 g \
Cho ham s6 y = al 0 co do thi (C ) Tiép tuyén cua do thi (C ) tai diem A(l;—l) cat duong
X+
tiém can ding va tiém can ngang cua (C ) lan lwot tai M va N. Tinh d0 dai doan MN.
Két qua: 42

Loi gidi:
Phuong trinh tiép tuyén la: y =x-2
= M (~1;-3),N(3;1)=> MN =42

2
SN ~ X —-x-2 . . A
D6 thi hamsé y = —3 c6 bao nhiéu duong tiém can?
X+

Két qua:
Trinh bay:

Loi giai:
x<-1
bKXDb:
x>2
Ta cod: lim y =+o0; lim y =—00 = D6 thi ham sd c6 TCD x =-3
x—>-3" x—>-3"

lim y=-1; lim y=1= D06 thi ham s6 ¢6 TCN y ==1.

, 2x+2

Cho ham s6 y= al
2x-3

tir diém M dén duong tiém can ngang bang 10 Tan khoang cach tir diém M dén duong tiém

6 d6 thi (C). C6 bao nhiéu diém M thudc (C) sao cho khoang cach

can dimg caa (C)?
Gt qu
Trinh bay:



Cau 4:

/4 /4 \ \Z‘ 3 \ A \ \ - A A 7 \ \ - A A
Ta c6 cac duong thang x = 5 va y =1 lan luot la duong tiém can ding va duong tiém can
ngang cua do thi ham sd.

GQiMe(C):M(x; 2“2

J .3
VOl X #—.
2

3

|2x—3|
X——|=—-".
2

)
2x+2 ‘_ 5
2x-3 | [2x-3

+) Khoang cach tir diém M dén duong tiém can ding bang

+) Khoang cach tir diém M dén duong tiém can ngang bang I
Theo gia thiét:

; 5 3|:10.|2x—3|
x—

o (2x-3) :1c>4x2—12x+820<::{x
X

2 | M(2;6)
N {M (5-4)

, 6x—4 ~ . <. o N A A .
Chohamso y = 3x 1 c6 d0 thi (C ) va [ la giao diém cta hai dwong tiém can caa (C ) . Goi
X+

M 1a giao diém ctia (C) va truc tung. Tiép tuyén cta (C) tai M cdt cic dudong tiém can cta
(C ) tai hai diém 4 va B . Tinh dién tich tam giac /4B .

Két qua:

Trinh bay:

Loi gidi:

D6 thi (C) c6 hai duong tiém can ding va tiém can ngang cé phurong trinh [an luot 1a

1 , 1
x=—§, ¥ =2= giao diém 2 duong tiém cén la 1(—5;2)

Giao diém cua (C ) voi truc tung la M (0;—4).
Ta cé: y'(0)= LZ =18
(3.0+1)
Suy ra phuong trinh tiép tuyén cua (C) tai diém M c6 phuong trinh la: y =18x—4.

Khi d6, giao diém cua tiép tuyén ctia (C) va tiém can ngang, tiém can ding cta (C) lan luot

la: A(l;Zj; B(—l;—IOJ.
3 3
1

2
Khi d6 tam giac /4B vuodng tai / nén S,,, = EIA.IB = .5.12 =4.

1
2



Cau 5: Mot bé chira 5 000 lit nwede tinh khi€t. Ngwoi ta bom vao bé d6 nuedc mudi cd néng do 30 gam
mudi cho mdi lit nwdc véi tde dd 25 lit/phat. Goi f (t) 1a ham s3 biéu dién nong do mudi
trong bé sau t phut (tinh bang ti s§ ctia khdi lugng mudi trong bé va thé tich nwdc trong bé,
don vi: gam/lit). Biét tiém can ngang cua ham sd f (t) la duwong théng y=m. Tim m.

Két qua:
Trinh bay:
Loi gidi:
Sau f phut, ta cé:
Khoi lwong mudi trong bé'la 25 . 30 . t = 750t (gam);
Thé tich ctia lwong nudce trong bé 1a 5 000 + 25t (lit).
750t 30¢

Vay nong d6 mudi sau t phutla £ (¢) = = am/lit).
y & P /® 5000+25¢t 200+¢ & )

Tacé: lim £(1)= lim S0 _ im [ 30--9090_ | _ 3
1510 2004¢ o0 200+¢
Vay duong thang y = 30 1a tiém can ngang ctia &6 thi ham s6 f(t).
Cau 6: Cho ham so f(x) lién tuc trén R va lim f(x):l; lim f(x)=+oo. Co6 bao nhiéu gia tri

\Jx? +1000x + x

nguyeén ctia tham s8 m thudc [-2020;2020] d& d6 thi ham s6 g(x Cc')

e
tiém can ngang nam dudi duong thang y =1 .
Két qua: 499
Trinh bay:

Loi gidi:
lim f(x)=-+00= lim [2f )-f? (x)] =—o0 nén khong ton tai

X—>+00 X—>+0

lim g(x). lim /£ (x)=1= lim| {2/ ()= /* (x) +m | =T+m.

1000x 1000
lim [\/xz +1000x + x} ~ lim — lim [ } ~500.
X—>—0 x—>=0| [x +1000x — x X—> —\/1 +1000 / x—1

lim g(x)= %(m #—1) suy ra tiém cin ngang ctia d6 thi ham s6 g(x) la duong thang

X——0

-500

1+m




D& d6 thi ham s§ g(x) c6 tiém can ngang ndm dudi duong thing y =1 khi va chi khi

D00 e e 1< m <499 ma m nguyén thudc [-2020;2020] nén

I+m m+1

me{0;1;2;...;498} .

Vay c6 498—-0+1=499 gia tri nguyén ctua m.
HET

Hué, 14h00’ Ngdy 04 thdng 5 ndm 2024
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Lép Toan thidy LE BA BAO

Truong THPT Ding Huy Tr SDT: 0935.785.115 Facebook: Lé Ba Bao

116/04 Nguyén L6 Trach, TP Hué Trunﬁ tam Km10- Huong Tra — Hué

Trong qud trinh suu tdm va bién soan, néu tai liu c6 sai sot ¢i thi rat mong nhdn dwoc sy g6p y cia

uy thiy co cung cdc em hoc sinh! Xin chan thanh cam on!
A 4 A 14 ) 2 1N LN A A7 A
PHAN L “ Cau trac nghiém vo6i nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu 1 dén cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cho ham s8 y = f(x) ¢6 lim f(x)=3 va lim f(x)=-3. Khing dinh nao sau déy la khang

dinh dung?

A. Db thi ham s& da cho c6 hai tiém can ngang la cac duong thang x=3 va x=-3.

B. D6 thi ham s8 da cho khong c6 tiém can ngang.

C. D6 thi ham s6 da cho c6 dang mét tiém can ngang.

D. D6 thi ham s8 da cho c6 hai dwong tiém can ngang la cac duong thang y =3 va y =-3.

2 X_
Puong thang nao dudi day la tiém can ngang ctua d6 thi ham s6 y = c fG ?
X_
1 1 1
A y==. B. x==. c.y=22 D. x=20,
5 5 5 5
Choham s§ y = f (X) 6 do thi nhu hinh dudi day :
v
1 L
6\ 2 =
D6 thi ham s6 da cho c6 tiém can ngang la
A y=2. B. x=2. C. y=1. D. x=1.
cAY PA e 1 A X2_2X+2 JEPEDN N JON \ \ 2 ’ 2
Biét d0 thi ham s6 y = ————— ¢4 tién can xién la duong thang y=ax+b. Tinh a“+2b.
A. 4. B. 2. C.5. D. 3.

Choham s8 y = f (X) c6 d6 thi nhu hinh vé bén dudi:



Khi d6 ham s6 y = f (x) 1a ham s nao trong cac ham s& sau?

2 2 2 .
Ay XoXET g 20oxed Xl xed
X" -4 X+5 X“+1 x—3
Cau 6: Tiém can dtng cia d6 thi ham s& y=2X+111a
X_
1 1 1
A y=—=. B. X=—=. C.y==. D. x=2.
2 2 2 2
Cau 7: Tim tat ca cac gia tri thuc cta tham s6 m d€ d6 thi ham sd y = _2 c6 hai duong tiém can.
X+

A. Vm =4, B. vm= —4.. C. m=4. D. m=-4.
Cau 8: Choham s6 y= f(x) xac dinh trén R\ {—1;1} , lién tuc trén mdi khoang xac dinh va c6 bang

bién thién nhw sau:

(]

Hoi do6 thi ham sG ¢ bao nhiéu tiém can ngang?
A. 0. B. 1. C. 2. D. 4.
Cau 9: D06 thi ham s6 nao dudi day c6 dang nhu duwong cong trong hinh bén dwéi?

| ¥
|

2 2 2 2
_ X 42X+2 B,y X3 c y=X=2x=3 D,yzﬂ.
X+1 X+1 X—2 X+1
Cau 10: D06 thi ham s6 nao dudi day co tiém can ding?
2
X X X° -1
A y= . B.y=—o. C.y= . D. y=x*-3x%.
Y= Yo y X+1 Y
. . ax+b . oy VA
Cau 11: Chohamsd y= r (véi ad —bc #0) c6 bang bién thién nhw sau:
CX+
y -




Hay cho biét bang bién thién d6 la cua ham s6 nao trong cac ham s6 sau?

2x-1 -2x+1 2x-1 -2x+1
A y= . B. y= ) C.y= . D.y= .
y X+3 y X+3 y X—3 y X—3
2
Cau 12: SO duong tiém can cta do6 thi ham s6 y=2)(2—3);2 la
X —
A. 0. B. 2. C.1. D. 0.

PHAN I1. (2,0 diém) Cau tric nghiém dung sai. Thi sinh trd 10i tie cdu 13 dén cdu 14. Trong méi y a), b), ¢,
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vio 6 chon)

Cau 13: Cho ham sd y=f (X) xac dinh va c6 dao ham trén R\{iZ}, Ham s8 f (X) co bang bién

thién nhw hinh duéi day:
T |—=00 -2 0 2 +00
y - — 0
40X +0C +0C 10

Khang dinh Dung Sai

a) Puong tiém can ngang ctia do thi ham s6 Y= f (X)lé

duong thang y =10.

b) | Mot duong tiém can dung cua d6 thi ham sO
y = f(X)1a duong thang x =-3.

c) | Tong s6 duong tiém can ding va tiém can ngang cua do
thi ham s§ Y = f (X)1a 3.

d) | Tong s6 duong tiém can ding va tiém can ngang cua do

1
thi ha o0 y=—-1a4.
1hamso Y 2f(X)+6 a

2
Cau 14: Choham sd y:)2(+—X2,m la tham so.
X —=2X4+m

Khang dinh Dung | Sai
Khi m=0, d6 thi ham s6 ¢6 tiém can ngang y=1.
Khi m=0, d6 thi ham s6 ¢4 3 tiém can.
Cé hai gid tri ctia m d€ d6 thi ham s6 c6 dung mot tiém can ding.
Goi S la tap hop céc gia tri nguyén ctia me[-8;8] d€ d6 thi ham

[s5)

o
N— N |~

@)

£

s0 c6 ba duong tiém can. S6 phan tir cuaSla 7.
PHAN II1. (2,0 diém) Cau tric nghiém tra 16i ngan. Thi sinh trd 10 tie cdu 15 dén cdu 18.

Cau 15: S6 lugng san pham ban duoc ctia mot ctra hang quan o trong t (thang) duoc cho boi cong
2 8

thiee: S (t) = 200[5 —m) voi t>1. Xem y=S (t) la mot ham s& xac dinh trén ntra khoang

[1;+00), biét rdng tiém can ngang cua d6 thi ham s6 c6 dang %,a beN ,%lé phan sd t6i gian.
Tinh P=a-2b.

Két qua: ]



Trinh bay:

, 1 1 e
Cau 16: Chohamso f (X) = EX b (a, b,ce R) c6 bang bién thién nhu sau:
X+C
x| —o 2 400
f(x) 2 +
7%
|
£(x) / /
I -0

Trong cac s6 a,b,C cé bao nhiéu s6 duong?
Két qua —
Trinh bay:

Cau 17: Cho d6 thi ham s f(x): 2X -1+

5 c6 tam d6i xting 1a 1(a;b). Gia tri cua biéu thuc
X_
P =2a+3b la bao nhiéu?

Két qua —

Trinh bay:

Cau 18: Tt mot tdm ton hinh chit nhét cd cac kich thude 1a x(m), y(m) véi x>1va y>1 va dién tich
bang 4m?, nguoi ta cat bon hinh vudng bang nhau & bén gdc roi gap thanh mot cdi thiing
dang hinh hop chit nhat khong nap (nhw hinh vé) c6 chiéu cao bang 0,5m.

!

< - - >

’
i




Thé tich cta thung la ham s6 V (x) trén khoang (1;+). D6 thi ham s& y :Vél ) c bao
X

nhiéu duong tiém can ding?

Két qui —

Trinh bay:
PHAN IV. (3,0 diém) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.

2
A Lt TN A 1
Cau 19: Tinh gdc gitta hai dwong tiém can ctia d6 thi ham s6 y = il .
X
Trinh bay:
A 2 A ax _1 /PA . e 3A
Cau 20: Chohamso y= c6 do thi nhu dwdi day:
bx +c
| %
4 4 o

Tinh gia tri biéu thiec T =a+ 2b+3c.

Trinh bay:
Cau 21: Co bao nhiéu gia tri nguyén dwong cua tham s6 mdé€ d6 thi ham sd y =%cé 3

X" —oX+m

duwong tiém can?
Trinh bay:
HET
Hué, 10h20’ Ngay 15 thdang 5 nam 2025
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TRAC NGHIEM CHUYEN BE
Mon: Toan 12 - KNTT

DPUONG TIEM CAN CUA PO THIHAM S6
Dinh hwé'ng cdu tric 2025+
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PHAN 1. (3,0 diém) Cau tric nghiém v6i nhiéu phwong an lua chon. Thi sinh trd I0i tie cdu 1 déh cdu 12.
MGi ciu héi, thi sinh chi chon mgt phwong dn.
Cau 1: Choham sd y=f(x) c6 lim f(x)=3 va lim f(x)=-3. Khang dinh nao sau day la khang

dinh dung?

A. Db thi ham s6 da cho c6 hai tiém can ngang la cac duong thang x=3 va x=-3.

B. D6 thi ham s8 da cho khong c6 tiém can ngang.

C. D6 thi ham s6 da cho c6 dang mét tiém can ngang.

D. D5 thi ham s8 da cho c6 hai dwong tiém can ngang 1a cac duwong thang y =3 va y=-3.

2, X_
Cau 2: DPuong thang nao dudi day la tiém can ngang ctua do thi ham s6 y = c f6 ?
X_
1 1 1
A y==. B. x==. c.y=22 D. x=20,
5 5 5 5

Loi gidi:

Tap xac dinh: D:R\{E}.Tacé: limy=lim X=3 = lim X :E.
5 X—>£o0 x->t0 Gx —16 X_)iw5—§ 5

, 1
Vay duong thangy = 5 la tiém can ngang cua d6 thi ham s6 da cho.

Cau 3: Chohamsd y = f(x)c6 do thi nhu hinh dudi day :
v

\

=Y

SA
[

D6 thi ham s6 da cho c6 tiém can ngang la

A y=2. B. x=2. C y=1 D. x=1.
. e e X 2XHD a2
Cau 4: Biét d6 thi ham so y=—3 c6 tién can xién la duong thang Yy =ax+b. Tinh a° +2b.
A 4. B.2. C.5. D. 3.

Loi gigi:



e x , 5 T 5 A A el
Chia tr thitc cho mau thttc ta dwoc y = x+1+—— va lim —— =0, suy ra tiém can xién ctia

X—3 x>0 X —3
d6 thi ham s8 1a duong thang c6 phuong trinh y=Xx+1=a=1va b=1.
Vay a’+2b=3.
Cau 5: Chohamsd y= f(X) c6 dd thi nhw hinh vé& bén dudi:

A

Khi d6 ham s6 y = f (x) 1a ham s8 nao trong cac ham s& sau?

X*—X+7 2x> —x+3 x> +2x-1 X+4
My BT SV ea s PG
Loi gidi:

Ttr 6 thi ham s0 ta co:

+) Tap xac dinh D =R nén dap an A, B, D bi loai.

2
+) D6 thi ham s& y:X+2—2X11 c6 duong tiém can ngang y =1 vi
X"+
2
lim X271 i [1+2’2‘ 2):1.
X—>+00 X°+1 X—>+00 X°+1
2
lim X271 i (1+2)2‘ 2):1.
X—>—00 X< + X—>—00 X +1
A A A A L L A X+1 .
Cau 6: Tiém can ding cua do6 thi ham so y=2 lla
X_

1 1 1
A y=——. B. X=——. C.y=—. Q.x=1

2 2 2 2
Loi giai:
Tap xac dinh: D:R\{%}.

L . X+1 . .o x+1
Tacéd: limy=Ilim =+ ; limy=Ilim =—
ol T o 2x-1 Ll L 2x-1
2 2 2 2

. 1
Vay duwong thang X = > la tiém can dang cua d6 thi ham sd da cho.

n N , ” N A L s ” mx f1 e s A A
Cau 7: Tim tat ca cac gia tri thuc cia tham s6 M dé d6 thi ham s y = c6 hai duong tiém can.

X+2
A. Vm =4, B. Vvm = —4.. C. m=4, D. m=-4.

Loi gidi:
Tacd x+2=0= x=-2.
D06 thi ham s8 da cho c6 hai dwong tiém can <& m(-2)-8#0< m=—4.
Cau 8: Choham s§ y= f(x) xdc dinh trén R\{-11}, lién tuc trén mdi khoang xac dinh va c6 bang

bién thién nhw sau:



Cau 9:

Cau 10:

2 M

r !

Hoi do6 thi ham sG ¢ bao nhiéu tiém can ngang?
A. 0. B. 1. C. 2. D. 4.
Loi gidi:
Chon C vi nhin bang bién thién thdy ngay d6 thi ¢ tiém canngang y=-2 va y=2.
D6 thi ham s6 nao dudi day cé dang nhu duong cong trong hinh bén dudi?
| ¥ :
|

1
\
\

e\

X2 +2X+2 X* 43X x> —2x-3 X —2X+2

A y=""272 By- . cy=2—"2"° py-2-27°
X+1 X+1 X—2 x+1
Loi gidi:
Duwa vao do thi ta co:
D6 thi ¢6 tiém can duing X =-1 nén loai dap an C.
Db thi cat truc tung tai diém (0; 2) nén loai dap an B.
Db thi di qua diém (—2;—2) nén loai dap 4n D.
2
Vay duong cong la d6 thi ciaham s6 y = L}TZ .
X+
D6 thi ham s6 nao dudi day co tiém can ding?
X X x? -1
A y= . B.y=—o. C.y= . D. y=x*-3x°.
Y= Y y X+1 y

Loi gigi:

+) Xét phuwong én A: HamsG y = co tap xac dinh: D=R.

X% +1

Vay d6 thi ham s6 y = —; 1 khoéng c6 tiém can ding.
X"+

X
+) Xét phwong 4n B: Hamsd y = ] c6 tap xac dinh: D =R\{-1}.
+

va lim 22— .
x—>(-)" X+1



A A e 1 ~ X A A , \ \ 2
Vay d6 thi ham s6 y = —— c6 tiém can ding la duong thang x =-1.

X+1
2
+) Xét phwong an C : Ham sG Yy = 1 c6 tap xdc dinh: D =R\{-1}.
X+
2 2
va lim X7t dim (x-1)=—2; lim X =t= tim (x-1)=—2.
x—(-1)" X+1  xo(-) x=(-1)7 X+1  xo(-1)

2

X

Vay d6 thi ham s6 y =
y ' y Xx+1
+) Xét phwong an D: Hamsd y = x3—3x% ¢6 tap xac dinh: D= .

khong c6 tiém can ding.

Vay d6 thi ham s8 y = x* —3x* khong c6 tiém can ding.

Céau 11: Chohamso y= ax-+b
cx+d

(v6i ad —bc # 0) cd bang bién thién nhw sau:

2 |—ac 3 i5a

"~
A

- 2
~ &

Hay cho biét bang bién thién d6 la ctia ham sd nao trong cac ham s6 sau?

2x-1 -2x+1 2x—1 -2x+1

A y= . B.y= : C.y= : D.y= :

y X+3 y X+3 =Y X—3 y X—-3
Loi giai:

Tl bang bién thién, ta suy ra ham s da cho khong xéac dinh tai x =3 va d6 thi c6 duong tiém
canngangla y=2.

Do d¢, day la bang bién thién ctia ham s y = 2X_31.
X_
2
Cau 12: S8 duong tiém can ctia @b thi ham & y:zxz—?”;2 la
X —_
A. 0. B.2. C. 1L D. 0.
Loi gidi:
2 _3x— -2).(2x+1
Ta b y:Zx 23x 2_(x ).(2x+1) _2x+1
X —4 (x—2).(x+2) x+2
2 _3x— -2).(2x+1
Do lim w: lim (x=2).(2x+ ): lim 2X+1:2 nén tiém can ngang cua d6 thi ham
X—>to0 X-—4 X—>to0 (X—Z).(X+2) Xx—>t0 X 4+ 2
s6 la duwong thang y =2.
2 _3x— X—2).(2x+1
Do fim ZX =222 _ jjp WXL e 2L
x>-2" X —4 2 (X=2).(X+2) 2 X+2
2 _3x— X—2).(2x+1
lim 222 iy M2 iy XL e tiem can diing cua db thi ham

x>2 X —4 2 (Xx—2).(x+2) o2 X2
i s6 1a duong thang x = —2. Vay d6 thi ham s& c6 hai tiém can.
PHAN I (2,0 diém) Cau trac nghiém duing sai. Thi sinh trd 1oi tie cdu 13 dén cdu 14. Trong mbi i a), b), c),
d) & mdi cdu, thi sinh chon diing hodc sai (dién ddu X vio 6 chon)



Cau 13: Cho ham sd y=f (X) xac dinh va c6 dao ham trén R\{iZ}, Ham s8 f (X) c6 bang bién

thién nhu hinh dwdi day:
T |- 2 0 2 +0C
Y ~ — 0 F

y

Khang dinh Dung Sai

a) Puong tiém can ngang ctia do thi ham sd Y= f (X) la

duong thang y =10.

b) | Mot duong tiém can dung cua d6 thi ham s6
y = f(X)1a duong thing x =-3.

c) | Tong s6 duong tiém can ding va tiém can ngang cua do
thi ham s§ Y = f (X)1a 3.

d) | Tong s6 duong tiém can ding va tiém can ngang cua do

1
thi he o0 y=—1a4.
1hamso Y 2f(X)+6 a

Loi gigi:
‘ a) bung ‘ b) Sai | c) bung ‘ d) biang ‘
Xét ham s8 Y = f (X) .Tix bang bién thién ta c6:

+) lim f (X)=+oo, lim f (X) =10. D6 thi ham s6 Yy = f (X) c6 mot tiém can ngang la duong

thé):gwy =10. o

+) xL"—Tz] f(x)=-3, XLHE f (X)=+00. D0 thi ham s§ y = f (X) c6 tiém can ding la duwong thang
X=-2.

+) )!Lry f(x)= +OO'>!LT+ f (x)=—0. D thi ham s8 ¥ =  (X)c6 tiém can ding 1a dwong thing
X=2.

Ttr d6: a) Bang; b) Sai; ¢) Dung.

Xét ham sd Y = , ta c6 ham sd xac dinh trén R\{izi a} , trong

L gt
2f(x)+6° g ~2f(x)+6
d6 f(a)=-3 va ae(2;+»). Khi d6 ta c6

. 1 T 1 1 s 1 9y s
limg(x)= =0 va limg(x)=———————=-—nén y=0 va y=— la hai
fim. () 21im f (x)+6 9= 3 m 628 " Y T
dwong tiém can ngang.

Mait khac ta co

lim g(x)==—— L =+00 = X =-2 1a tiém can ding;

xo(-2) 2 lim f(x)+6 C

x—(-2)



1

limg(x)=——— — 0= x=2 khong la tiém can duing;
900 =2 im T (x)+6 & &

x—2%
. 1 A A ,
limg(x)=——— =400 = x=a la tiém can dung;
Ha+g() 2lim f (x)+6 * 8
A A s s A 1 . A
Vay d6 thi ham s6 Y = ———— ¢6 4 duong tiém can.

2f(x)+6
Ttr d6: d) bung.
2
Cau 14: Cho ham s6 y:)2(+—X2,m la tham s0.
X" —=2X+m
Khang dinh Dung Sai

a) | Khi m=0, d6 thi ham s6 co tiém can ngang y =1.

b) | Khi m=0, d6 thi ham s& ¢4 3 tiém can.

c) | Co hai gia tri cia m dé€ do6 thi ham s6 c6 dung mot tiém
can dung.

d) | Goi S la tap hop cac gia tri nguyén ctia me[-8;8] dé€ do

thi ham s6 c6 ba duong tiém can. SO phan tircua S1a 7.

Loi gidi:
’ a) bung ’ b) bung | c) bung ‘ d) Sai
a) bung.
2
Khi m=0 ham s§ tré thanh y =X *~2
X° —2X
1 2
X2+ X—2 e
Vi lim ———=lim X X _1nén d6thi ham s8 c6 tiém can ngang y=1.
X—+0 X5 —2X X—>+0 1_8
X
b) Bung.
2
T -2
Khi m=0 ham s tro thanh y=2_">_=
X° —2X
Ham s6 ¢6 2 tiém can dung 1a x=0; x=2va 1 tiém can ngang la y=1, nén d6 thi ham s& c6 3
tiém can.
c) buang.

D06 thi ham s8 c6 1 TCD khi x=1 hodc x=-2 la nghiém ctia phwong trinh X* —2x+m=0

1-2+m=0 m=1
= =
4+4+m=0

m=-8
d) Sai.
X+ X—2
Do thi ham s6 y = Z oxem c6 hai tiém can ding khi va chi khi phwong trinh
X" =ZX+M

f (X) =X*-2X+m c6 hai nghiém phan biét khac 1 va -2.

A'>0 1-m>0
m<1
<1f(1)20 oim£xl < .
m = —8
f(-2)=0 m=# -8
Vi me[-8;8] nén S ={-7;,-6;-5,-4;,-3,-2;-1,0}.



PHAN II1. (2,0 dién) Cau tric nghiém tra 10i ngan. Thi sinh trd 10i tiv cdu 15 dén cdu 18.

Cau 15:

Cau 16:

SO lwgng san pham ban dugc ctia mot ctra hang quan 4o trong t (thang) duoc cho boi cong
2 8
thiec: S (t) = 200[5 —mj voi t>1. Xem y=S (t) la mot ham s6 xac dinh trén nira khoang

.« A7 M PN A 2 A . \ A ’ a * a \ A A ALe .9
[1; +oo) , biét rang tiém can ngang cua do thi ham s6 c6 dang B ,a,beN ,E la phan s6 toi gian.

Tinh P=a-2b.
Két qua: 394
Trinh bay:

Loi gidi:
Tacs: limS(t)= lim 200[ 22 1=2002=22 _ . _400:p-3
e o T\ 3 24t B

Vay P=a-2b=400-6=394.

Choham so f (X) = §X+i' (a, b,ce R) c6 bang bién thién nhu sau:
X +
x| —» 2 +0
/() + | +
T
|
flx) / /
l —

Trong cac s6 a,b,C c6 bao nhiéu s6 duwong?
Trinh bay:

_ax+l
bx+c

Taco f (X) (a,b,C € R) nén ta co:

| ©

Phuong trinh dwong tiém can ngang la y =

Phwong trinh dwong tiém can ding la X =—

ol|lo ©

Mt khéc, dya vao bang bién thién ta c6 :
lim f (X) =1 nén d6 thi ham sd ¢6 tiém can ngang la y =1.

X—>too



Cau 17:

Cau 18:

lim f (x)=+o0; lim f (x)=—o0 nén db thj ham s8 c6 tiém can dimg 1a x=2.

X—2" x—2*

Do d4, %:1 >0 nén a,b cung dau.

_%=2<:>%:—2<0nén b,c trai dau.

f(0)>1<:>%>1nén c>0.

Vay trong cac sd a,b,c c6 mot sd dwong.

Cho d6 thi ham so f(x): 2x—1+ c6 tam doi xang la I(a;b). Gia tri cta biéu thic

P =2a+3b la bao nhiéu?

Két qua:

Trinh bay:

Loi gidi:

D6 thi ham s6 c6 duong tiém can ding x =2 va duong tiém can xién y = 2x-1.

Tam d6i xing | ctia d6 thi ham s la giao diém cua dwong tiém can dung x =2 va duong
tiém can xién Yy =2x-1, nén ta co | (2;3) )

Suyra a=2,b=3.Vay P=2a+3b=2.2+3.3=13.

Tt mot tAm ton hinh chit nhat cé cac kich thudc 1a x(m), y(m) véoi X >1va y>1 va dién tich
bang 4m?, nguoi ta cat bon hinh vudng bang nhau & bén gdc roi gap thanh mot cdi thiing
dang hinh hop chit nhat khong nap (nhw hinh vé) c6 chiéu cao bang 0,5m.

R
< - - >
A
Io’ 5
X
'/ -
’
L
4
’
v

cd bao

Thé tich ctia thung l1a ham s6 V (X) trén khoang (1;+). D6 thi ham s y :V(l )
X
nhiéu deong tiém can ding?

Két qua:



4
X
Thung c6 chiéu cao la 0,5m va cac kich thudc con lai ctia thung la: x—1 va y -1

Do tam ton c6 dién tich bang 4m’ nén Xy =4 <y =

Thé tich ctia thiing la V (x) =0,5.(x-1)(y-1)= %(x_l)(ﬂ_lj _ % (x-1)(4-x)
X X

Suyra: y= ! = 2X

V(x) (x-1)(4-x)

Ta cé: Iimi— |imL—+oo va Iimi— IimL——oo: duon
TV () er (x=1)(4-X) otV (x) or (x=1)(4-x) &

Y \ \ <A A ’ 2 AN . \ A 1
thang x =1la duong tiém can ding cia d6 thi ham s6 y=——

V()

lim —— = lim ——2% o va lim—— = lim——2X 4o = dubng thing
T R T R T oy e
X = 41a duong tiém can ding cta d6 thi ham s6 y = \ﬁ
Vay d6 thi ham s y = v 2)() c6 2 duong tiém can dung.
PHAN IV. (3,0 diem) Cau héi tw luan. Thi sinh trd 10i tie cdu 19 dén cdu 21.
Cau 19: Tinh gbc gitta hai duong tiém can cta d6 thi ham s6 y = xzjl .
Trinh bay:
nglm ..................................................................................................................
Ta cé yzxz—Hzx—Fl

X

x—0" x—>0"

X
S H H 1 A AVN . \ AN 1 oA A 7 A \ M
+Vi limy=Ilim (X+—) =+o0 nén do6 thi ham s6 cd tiém can ding la duong thang x=0.
X

. . . 1 - 1 A A . \ A 7 « A A « A \ \

+ Vi lim (y—x)=lim (X+——Xj: lim (—j:O nén do thi ham s6 c6 tiém can xién la duwong
X—>+00 X—>+0 X X—>+0 X

thang y =X.

Do d6 géc gitra hai drong tiém can ctia 6 thi ham s6 da cho bang 45°.

c6 d6 thi nhu dudi day:

Céau 20: Chohamso y= s
bx+c




Cau 21:

......................................

Tinh gia tri biéu thic T =a+ 2b+3c.
Trinh bay:
Loi giai:

Db thi nhan x =1 1a tiém can dtng :%Czlzb:—c.

D6 thi nhan y =2 1a tiém can ngang :%:Z:a:Zb.

a.0-1

b.0+c
Vay T =a+2b+3c=2+2(1)+3(-1) =1.

Db thi di qua diém (0;1) = =l=>c=-1=b=1=a=2.

: A A , N e a1 x-1
C6 bao nhiéu gia tri nguyén duwong ctia tham s6 mdé do6 thi ham s6 y=————c6 3
duwong tiém can?

Trinh bay:
Loi giai:
o x-1 : x-1 A BA TN N Al A A
Tacd lim —————= lim —————— =0 nén do6 thi ham s6 cé mot tién can ngang y =0.

x>-0 X2 —8X+m x>+ X2 —8X+m

D6 thi ham s8 c6 3 duong tiém can khi va chi khi d6 thi ham s6 ¢6 hai duwong tiém can ding

< phuong trinh x> —8x+m=0 co hai nghiém phan  biét khac
A'=16—-m>0 m<16

l< & :
m-7=0 m=7

Két hop véi dieu kién mnguyén duong tacé me{l;2;3,...;6;8;...;15} . Vay c6 14 gia tri ctia
m thoa man dé bai.
HET
Hué, 10h20’ Ngay 15 thang 5 nam 2025




